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SYNOPSIS

There has been a tremendous progress in high-intensity, short pulse laser tech-

nologies in last few decades. As a result, lasers are now capable of delivering

enormous energy density upto 1022W/cm2 at very fast timescales in the range of

femtoseconds/picoseconds. Moreover, many new facilities worldwide are poised to

become operational (e.g ELI, XCELS, SULF, SEL etc.) in the near future where

the intensity and pulse duration would be pushed to even higher limits namely that

of intensities ≥ 1024W/cm2 and attosecond scales respectively. Such lasers would

open up newer regimes of physics exploration concerning fast ignition laser fusion,1

generation of charged particle beams,2,3 bright source of X-rays4 and Gamma-ray

flashes and generation of higher order harmonics,5 promising source of positron

emitters for PET (positron emission tomography),6 cosmic accelerations (ultra-

high energy cosmic rays),7 quantum gravity (Hawking radiation)8 etc.

When a laser of intensity (> 1016W/cm2) impinges over a solid target, the tar-

get gets immediately ionized to form a plasma. Electrons being a lighter species

are the first to respond at rapid time scales of the laser frequency. These elec-

trons absorb the laser energy by various well-known absorption mechanisms which

have been studied extensively. These include anomalous skin effect, sheath in-

verse bremsstrahlung,9 sheath transit absorption,10 resonance absorption,11 vac-

uum (Brunel) heating,12 J × B acceleration,13 ponderomotive acceleration,14,15

stochastic heating,16 and absorption due to parametric decay instabilities.17 This

leads to the generation of highly energetic and relativistic electron beam at an

overdense plasma surface. In response to this, the background plasma induces

a return shielding current. Such a system of spatially overlapping, forward and

return current flows is fraught with several micro-instabilities, out of which the
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electromagnetic Weibel mode is considered to be the dominant one. The Weibel in-

stability18 creates a current separation at the length scale of an electron skin depth

in the plasma. It is believed that the Weibel instability and its nonlinear evolution

are responsible for the development of strong magnetic fields (∼ Mega − Gauss)

in the beam plasma system. Thus the propagation of hot electrons generated in

the target by laser absorption is another area of wide interest. Therefore, several

attempts in past have been made towards curbing the beam-plasma instabilities

which proves a major hindrance in beam propagation inside the plasma by destabi-

lizing the system. Some technique involves the resistive collimation of fast electrons

by generating guiding magnetic field on the boundary of two different material.19,20

Another experimental work by Chatterjee et al.21 involves using aligned carbon

nano-wire arrays as the target. They have demonstrated experimentally efficient

transportation of laser-generated mega- ampere electron currents over long dis-

tances compared to the flat solid target. A theoretical interpretation was provided

by Mishra et al. which suggests that the beam Weibel instabilities get suppressed

in such inhomogeneous targets.22,23 Moreover, the external static magnetic field

can be used for suppression of these electron scale instabilities.24 Recently it has

been shown that the use strong axial magnetic field can also lead to better beam

collimations.25 Furthermore, laser-plasma lenses can also be utilized for relativistic

electron beam collimation.26

It is thus clear that the study of Weibel instability has attracted a lot of at-

tention. The excitation of this mode, its nonlinear evolution, the possible ways

by which the mode can be suppressed has continued to remain issues of research

investigation. In this thesis we have investigated the Weibel mode from energetics

angle. For this purpose energy cost associated with the perturbed equilibria is

v



evaluated to ascertain whether the growth of a particular mode is energetically

favorable or not. This technique often provides an interesting physical insight

and has been extensively employed in the context of plasma systems governed by

Magnetohydrodynamics. Recently, it has been invoked for understanding the elec-

trostatic two stream instability.27 In contrast in the present thesis, it has been

shown that even purely growing electromagnetic mode like Weibel instability for

the electron beam plasma system is amenable to such a treatment. Such an anal-

ysis provides a succinct physical description of the energetics associated with this

particular growing mode.28

The strong magnetic field generated through the Weibel destabilization process

influences the propagation of electron beam. During the nonlinear evolution of

the Weibel instability, the current filaments coalesce to form larger structures.

However, there are two distinct phases of the nonlinear evolution of the instability.

During the first phase of the evolution, there is a growth of magnetic field energy at

the expense of the kinetic energy of the beam. Furthermore, in the second phase of

evolution, the magnetic energy shows decay and an increase in the kinetic energy

in the system. The underlying physical understanding for the observed decay of

magnetic field at later stages29 has been explored in this thesis. The merger of

current filaments leading to X point formation where reconnection happens has

also been addressed in detail. The generation of the energetic electron jets at the

magnetic field reconnecting X points have also been demonstrated.

It is observed that in theoretical analysis and computational studies for a beam-

plasma system, the idealized condition of infinite cross section of the beam and/or

covering the entire length of the periodic box has always been considered. This

is an approximation as in reality the beam is always finite and is commensurate
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with the transverse spot size of the laser falling on the plasma target. In such

an approximate set-up, the experimental observation of long scale ( laser focal

spot size scale) magnetic field showing up right from the very beginning30,31 can

never be accounted for. The Weibel instability in the periodic box appears at

the electron skin depth and its nonlinear evolution wherein the current filaments

coalesce are too slow to account for the experimental observations of long scale

magnetic field spectra. In our studies, we have chosen the electron beam size to be

of finite transverse extent. Our simulations provide a mechanism of the existence

of long scale magnetic field spectra observed in laser plasma experiments. The

mechanism may also have far-reaching consequences for the description of the all-

pervading and often enigmatic presence of the long scale magnetic field structures

in astrophysical plasmas which have aroused great curiosity and spawned many

efforts towards its understanding.

There has been a great deal of interest towards possible mechanisms of enhanc-

ing laser energy absorption so as to increase the number and the energy of hot

electrons in recent years. Most of these studies have emphasized the role of laser

pulse duration, intensity, the role of pre-plasma formation on the front surface of

the target etc. It is reported that the presence of pre-plasma on the front surface

of the target increases the absorption of laser energy as well as the number of hot

electrons.32,33 A novel technique using a structured target has shown significant

absorption of laser energy as compared to the conventional approaches.34–38 The

introduction of sub-wavelength nano-layer front has been shown to reduce the re-

flection and enhance the absorption of energy of the intense short pulse laser.39 It

has been demonstrated that the laser energy absorption can be enhanced manyfold

using nano-structured targets23 for both relativistic and non-relativistic high con-
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trast, laser intensities. In fact, the structured target provides more surface area for

Brunel’s mechanism/vacuum heating process. These structured targets provide a

geometry which can be used for laser energy absorption even in normal incidence

where Brunel’s mechanism does not seem to work. Recently, micro-scale fusion

has been achieved using such nano-wire array plasmas.40

The energetic electrons generated during laser-plasma interactions are then of-

ten employed to heat ions in applications such as fast ignition etc., for creating hot

spot in the plasma for ignition. This is a secondary process to heat ions and conse-

quently somewhat inefficient. The propagation of energetic electrons is marred by

several instabilities which lead to their divergence and loss. Moreover, the Ruther-

ford electron-ion collisional cross section to enable the transfer of energy reduces

with increasing electron energy. It is thus desirable to have laser energy directly

coupled to the heavier ion species. In addition, there are also many other appli-

cations where ion acceleration/heating is of importance, e.g. proton radiography,

biomedical applications.41–44

The advantages of direct in-situ ion heating/acceleration are many. For in-

stance, there would be (1) Efficient coupling directly to fusion species, viz. back-

ground DT species ; (2) Ions being non relativistic and total current being much

less than Alfvén critical current for ions, magnetic fluctuations are expected to

play negligible role in beam transport and beam stopping; (3) Classical collisional

stopping of few MeV ions in dense core will be adequate; (4) Return currents,

if any, will excite electrostatic ion acoustic modes leading to anomalous heating

of the background plasma. Therefore, there is a need to look for the possibility

of new absorption mechanisms through which laser energy can directly be trans-

ferred to heavier species of plasma for efficient ion acceleration. This has been
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another prime objective of this thesis. We have chosen to apply an external mag-

netic field of such a magnitude so as to selectively magnetize the electrons at the

laser frequency. The heavier ions, however, remain unmagnetized. The electrons

thus remain preferentially attached to the field lines whereas the ions can freely

move in the electric field of laser. This helps in creating a charge imbalance. It

is demonstrated that the ions in such simulations acquire more energy compared

to electrons. We have also demonstrated the excitation of ion plasma oscillations

and the formation of magnetosonic solitons.45

This thesis thus focuses of the twin themes of (i) transport of electron beam

through plasmas and (ii) the possibility of direct laser energy absorption by ions

using new techniques by making the electrons preferentially magnetized by the

choice of appropriate external magnetic field. The content of the thesis has been

organized in seven chapters as outlined below:

• Chapter - I: In this chapter, a brief summary of the previous studies relevant

to this thesis has been presented. It also contains a concise introduction on

conventional laser energy absorption mechanisms, beam-plasma instabilities

and its role in propagation on an electron beam inside a plasma, schemes to

improve laser energy absorption and electron beam propagation in plasma

etc.

• Chapter - II: In this chapter, an energy principle argument has been em-

ployed to study the energetics associated with the electromagnetic Weibel

mode in the context of a beam-plasma system. It is clearly shown that there

exist perturbations to equilibrium which have both positive and negative
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energy contributions. Such perturbations can then grow to keep the total

energy of the system conserved. In a typical beam-plasma system, the cur-

rent filamentation instability leads to the growth of the electromagnetic field

energy in the perturbed state at the expense of kinetic energy associated

with the flows. Denoting, the beam and background plasma electrons by

the suffix α = 1, 2, it has been identified that S4 =
∑

α
n0αv20α
n0γ0α

as the coeffi-

cient of the negative energy contributing term and is crucial for driving the

instability. It has also been shown that a finite value of S3 =
∑

α
n0αv0α
n0γ0α

is

responsible for generating an electric field transverse to the flow and in fact,

costs energy. Here, v0α, n0α and γ0α are the equilibrium velocity, electron

density and the relativistic factor for the electron species ‘α’ respectively and

n0 =
∑

α n0α is the total electron density. It is evident that S3 is finite only

for relativistic and asymmetric (beam and background plasma have different

densities) flow profile. It is shown that filamentation modes are suppressed

when the value of S3 is finite by comparing the growth rates for various cases

in this chapter. For instance, it has been shown that for a constant value of

S4 the growth rate is maximum for |S3| = 0 and reduces monotonically with

increasing value of |S3|. We have also carried out 2-D Particle-in-Cell (PIC)

simulations under OSIRIS-4.046,47 framework to illustrate the difference be-

tween symmetric and asymmetric flow configurations. We have chosen two

flow parameters for which S4 is the same. The value of S3 is zero for one

case (symmetric flow configuration) and is finite for the asymmetric config-

urations. We have observed that even in the presence of 2-D perturbations

(permitted by the 2-D PIC simulations carried out by us), the growth is

higher for the symmetric case. Furthermore, the nonlinear saturation level
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of the perturbed magnetic field is also found to be higher for the symmetric

flow configuration.

• Chapter - III: The nonlinear regime of current filamentation/Weibel insta-

bility has been addressed in this chapter. The Weibel destabilization leads

to the formation of current filaments which are typically of the size of elec-

tron skin depth during the linear stage of the instability. During their early

nonlinear evolution, these filaments coalesce to form larger structures. With

the help of 2-D PIC simulations using OSIRIS-4.0 in the plane perpendicular

to the return electron beam (REB) propagation direction, it has been shown

in this chapter that these mergers occur in two distinct nonlinear phases.

During the first phase of evolution, the total magnetic energy increases in

the system. Subsequently, however, during the second nonlinear phase, a re-

duction in magnetic energy . It has been shown that the transition from one

nonlinear regime to another occurs when the typical current associated with

individual filaments hits the Alfvén threshold. During the second nonlinear

phase, therefore, the filaments can no longer permit any increase in current.

Magnetic reconnection events then dissipate the excess current (and its as-

sociated magnetic energy) that would result from a merger process leading

to the generation of energetic electrons jets in the perpendicular plane. At

later times when only a few filaments are left, the individual reconnection

events have been clearly identified. It has been observed that in between

such events the magnetic energy remains constant and shows a sudden drop

as and when the two filaments merge. The electron jets released in these re-

connection events further leads to a transverse heating in the system which

has also been mentioned in some previous studies48
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• Chapter - IV : The beam-plasma system as of now has been analysed

and/or numerically simulated using infinite and/or periodic box conditions.

For this case the transverse extent of the beam is chosen to be infinite and/or

periodic. As illustrated in the previous chapters such a beam plasma is

amenable to Weibel instability generating current filaments and consequently

magnetic field structures of the size of electron skin depth scales. The non-

linear evolution leads to the coalescence of these structures generating longer

scale magnetic fields with time. This cannot account for laser plasma exper-

iments conducted in laboratories which show that the magnetic field at the

scale of beam width (longer than the electron skin depth) exists right from

the very beginning.

In this chapter, we consider the realistic finite transverse profile of the elec-

tron beam. We demonstrate that for a small imbalance in the current (which

is again natural in the electron beam system) not only does the long scale

magnetic field persisted but also shows a rapid increase. This cannot be ac-

counted for with the usual Kelvin Helmholtz and/or Weibel processes but is

in agreement with experimentally observed spectra.30,31,49 A possible expla-

nation has been provided analytically for this observation.

• Chapter - V: The possibility of ion heating directly with a laser has been

another topic of interest. Some of the well-known mechanisms in this regard

are the RPA (Radiation Pressure Acceleration)50 and TNSA (Target Normal

Sheath Acceleration).51 We have demonstrated another mechanism of ion

heating by employing external magnetic fields. The external magnetic field

is chosen so as to constrain the electron movement and have them tied to the

magnetic field. The heavier ions remain unmagnetized and respond to the

xii



Contents

laser electric field. The difference of electron and ion dynamics lead to charge

separation and drives ion plasma oscillations, thereby transferring the laser

energy to ions to a great extent directly. The proposed mechanism has been

demonstrated by carrying out OSIRIS 4.0 simulations using parameters for

a CO2 laser for which the requirement of external magnetic field strength is

smaller.

• Chapter - VI: We continue our studies on direct energy absorption of the

laser by ions in this chapter and show that when the laser power is increased

in addition to exciting ion plasma oscillations, the excitation of Korteweg - de

Vries (KdV) magnetosonic solitons are also observed. Various diagnostics are

employed to characterize these solitons. Interestingly we also observe that

the solitons accelerate background electrons when the latter reflects off the

front surface of the solitonic structures. The solitons, as expected, propagate

stably for several hundreds of ion plasma periods. However, subsequently

they are observed to develop transverse modulations which grow with time.

• Chapter - VII: We summarize the thesis in this chapter and recapitu-

late the salient points. We also provide an overview of the future research

problems which can be carried out in continuation of the work described

here.
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1
Introduction

This thesis makes important forays in two directions, namely (i) electron beam
propagation through plasmas and (ii) the possibility of direct laser energy absorp-
tion by ions using a new technique based on CO2 laser along with a strong external
applied magnetic field.

In the first theme of electron beam propagation, several issues has been ad-
dressed. An energy principle have been obtained for the Weibel instability which
provides a clear physical understanding of the instability. Furthermore, PIC (Parti-
cle - In - Cell) simulations have been carried out to understand the nonlinear regime
of instability. It has been demonstrated that as the Weibel generated electron cur-
rent filaments coalesce, magnetic field lines reconnect and energetic electron jets
are produced in the transverse plane. This process illustrates a rapid mechanism
of isotropization of electron distribution in momentum phase space. Another im-
portant contribution of the thesis is the discovery of a new mechanism, distinct
from Weibel and Kelvin Helmholtz (KH) mode, which is operative when an elec-
tron beam propagates through a plasma medium. Unlike Weibel and KH modes,
where the magnetic field forms at the electron skin depth scale preferentially, it
has been shown that in practical situations magnetic fields at long scales commen-
surate with the transverse width of the electron beam gets generated. Theoretical
analysis and PIC simulations have been carried out to illustrate these phenomena.

It is well known that an intense laser transfers its energy preferentially to the
lighter electron species in the plasma. To heat ions in the plasma one relies on its
coupling with electrons which becomes inefficient with increasing electron energy.
A new mechanism of direct coupling of laser energy to heavier ion species has been

3



Chapter 1. Introduction

proposed. It utilizes pulsed CO2 long wavelength laser along with an external
applied magnetic field of the order of tens of kilo Tesla to keep the electrons tied
to the field lines. With the recent advancement of magnetic field of the order of
several tens of Kilo-Tesla in the laboratory52–54 these requirements appear to be
within technological reach in near future.

1.1 Introduction

There has been a tremendous progress in high-intensity, short pulse laser tech-
nologies in last few decades. At present lasers are capable of delivering enormous
energy density upto 1022W/cm2 at very fast time scales in the range of femtosec-
onds/picoseconds. In the near future many new facilities worldwide are poised to
become operational (e.g ELI, XCELS, SULF, SEL etc.6,55–57 ) where the intensity
and timescale limit would be pushed to even higher limits namely that of intensities
≥ 1024W/cm2 and attosecond scales respectively. Such laser would open up newer
regimes of exploration in terms of physics in fast ignition laser fusion,1 generation
of charge particle beams,2,3, 58 bright source of X-rays4,59 and Gamma-ray flashes
and generation of higher order harmonics,5 promising source of positron emitters
for PET (positron emission tomography),6 cosmic accelerations (ultra-high energy
cosmic rays),7 quantum gravity (Hawking radiation)8,60 etc.

When a laser of intensities (> 1016W/cm2) interacts with a solid target, the tar-
get gets ionized to form a plasma instantaneously. Fig. (1.1) shows the schematics
of such a laser and its pre-pulse interacting with a solid density target. The time
scale of the laser being rapid, the lighter electron species in the plasma are the
first to respond and absorb its energy by various well known mechanisms namely
anomalous skin effect, sheath inverse bremsstrahlung,9 sheath transit absorption,10

resonance absorption,11 vacuum (Brunel) heating,12 J×B acceleration,13 pondero-
motive acceleration,14,15 stochastic heating,16 and absorption due to parametric
decay instabilities.17 This leads to the generation of a relativistic electron beam
at an overdense plasma surface. When these energetic electrons created by the
laser field move in the preformed plasma, the plasma provides for return shield-
ing currents. The combination of forward and return currents is susceptible to
many instabilities. Weibel being one of the dominant one. The Weibel instability
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Figure 1.1: Schematics (not to scale): Laser-matter interaction showing the gener-
ation of energetic electrons in the forward direction and shielding electron current
induced by plasma in the backward direction

creates a current separation at the length scale of an electron skin depth in the
plasma, which leads to a generation of a strong magnetic field (∼ MGauss).30

It is believed that the Weibel instability and its nonlinear evolution are largely
responsible for the development of strong magnetic fields in astrophysical contexts
like the relativistic shock formation in Gamma-ray bursts (GRBs),61 the high en-
ergy cosmic rays,62,63 active galactic nuclei (AGN)64 etc. In laser driven laboratory
experiments also, Huntington et. al.65 have observed the ion-Weibel instability in
interpenetrating plasma flows. However, the experimental observation of magnetic
field generation by the Weibel instability at electron dynamics scale still remains a
challenge. In a typical beam-plasma system, a fraction of the kinetic energy ( δK)
associated with the flows get converted into the electromagnetic excitations. Such
disturbances feed upon themselves leading to the development of Weibel/current
filamentation instabilities.

The energy principle often provides a succinct physical description for analysing
the stability of hydrodynamic fluids in a conservative system.66–71 In plasmas also,
the ideal Magnetohydrodynamic (MHD) excitations have often been interpreted
using energy principle72–76 for both equilibria with and without flows in a variety
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of contexts, e.g. magnetic fusion,77,78 astrophysics, solar and space physics79,80

etc. Very recently, Lashmore-Davis27 has carried out energy principle analysis for
the electrostatic perturbation in a beam-plasma system leading to the two-stream
instability. In this thesis, an energy principle analysis has been enunciated to
understand the energy exchange from the kinetic energy of the particle to electro-
magnetic energy during the linear evolution of Weibel instability in a homogeneous
beam-plasma system.

The growth of magnetic field through the Weibel destabilization process influ-
ences the propagation of electron current filaments. In the nonlinear stage, current
filaments are observed to coalesce and form larger structures. There are indica-
tions from previous studies81 that at the early nonlinear stage of evolution there
is a growth of magnetic field energy. Subsequently, however, the magnetic energy
shows decay. The physical mechanism for the observed decay of magnetic field at
later stages has been the focus of our studies. There are suggestions that the merg-
ing process of super Alfvénic currents carrying filaments leads to the decay of the
magnetic energy.81 On the other hand, the mechanism of magnetic reconnection
which rearranges the magnetic topology in plasma converts the magnetic energy to
kinetic energy of the particles. This can result in thermal particles or the particles
may even get accelerated82,83 by the reconnection process. The merger of current
filaments leading to X point formation where reconnection happens has also been
addressed in this thesis.

The all-pervading and often enigmatic presence of the magnetic field in many
natural phenomena has aroused great curiosity and spawned many efforts to un-
derstand the generation mechanisms. The conventional existing theories on beam-
plasma systems consider Weibel/current filamentation instability responsible for
the mega-gauss order of magnetic field generation in a beam-plasma system. How-
ever, many laboratory experiments30,31 on laser-solid interactions have reported the
generation of magnetic field at the scale lengths much longer (comparable to the
transverse beam dimension) than the conventional Weibel and Kelvin Helmholtz
modes typically associated with the beam plasma system. The long-standing puz-
zle of long scale magnetic field generation laser-plasma experiments has been ad-
dressed in this thesis.

Often, one is interested in the transport of electron beam which gets generated
from the laser when incident on the solid target. The crucial aspects of transport
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and dynamics of these particles especially in the context of fast ignition scheme of
laser fusion can be understood from the following discussion. Fast ignition is an
alternative concept of laser fusion in which the task of compressing the fusion pellet
to super solid densities (∼ 1000gm/cc) or more is accomplished by conventional
high energy nanosecond glass lasers and the task of igniting the compressed pellet
is given to a separate high intensity, moderate energy pico second energy source
which can set pellet ablaze (with DT fusion reactions) by creating an adequate
size hot spot with ignition temperatures ∼ 5KeV in it. The use of very high in-
tensity 1 micron laser picosecond pulses have not proven to be efficacious because
the laser energy ends up in a relativistic electron beam at overdense compressed
surface, which creates massive forward and return currents, current instabilities
and filamentations of the beam on a rapid electron time scale.18,28,86–94 These in-
stabilities lead to a divergence of the incident electron beam away from the central
compressed target, thus preventing the formation of a hot spot in the interior. Few
attempts have been made in past to curb the electron scale instabilities and beam
collimation for instance by using axial magnetic field.95 Other schemes considered,
include mitigation of instabilities leading to turbulent magnetic fields with exter-
nally produced guiding magnetic fields ( in the range of 1− 10Kilo−Tesla),96–101

initiation using shock waves, using externally produced ion beams etc., but none
so far have shown significantly improved results. It is thus clear from the above
discussion that the success of fast ignition crucially hinges upon efficient absorption
of laser energy and also the subsequent propagation and dynamics of the energetic
charge particles like electrons and ions through the plasma. One point of depar-
ture from the past experience can be a mechanism for the efficient coupling of laser
energy preferentially to ions and restricting the motion of electrons by applying
an external magnetic field to mitigate electron scale instabilities. The CO2 lasers
can be most suitable lasers available in the market and immediately come to mind
in this regard because of their low frequency and their recent availability for short
pulse applications.102 But how do we utilize the CO2 laser for giving its energy
directly to ions? If we consider ion heating for fast ignition of a fusion pellet, the
requirements may be put as ion energy ∼ 10MeV , beam current 250MAmps,
beam period 10psec which is a 25KJ beam pulse. An efficient conversion of CO2

laser energy into ion beam energy can thus give the required source of energy for
fast ignition laser fusion. Therefore, there is a need to look for the possibilities of
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new absorption mechanisms by which energy of laser can be preferentially coupled
to ions in plasma and restricting the electron motion to avoid the electron scale
instabilities. We have carried out theoretical analyses for new laser absorption
mechanisms for ion accelerations/heating in this thesis which is further aided by
PIC simulations also.

It is now clear that the absorption of laser energy is one of the crucial aspects
of laser-plasma interactions. One would like such a process to be efficient. Most
mechanisms of laser energy absorption result in the creation of energetic electrons
which are employed for several applications. These applications often rely on the
propagation and energy dissipation of these energetic electron beams through the
plasma, which is another important issue. In the subsequent sections, we discuss
the present understanding of these two issues. We discuss the various known
mechanism of laser energy absorption by the plasma medium. We also provide the
present status of the physics understanding of energetic electron beam propagation
in plasmas. New possibilities and issues that need to be looked into with new
perspective in these areas are highlighted. Thereafter, we provide a summary of
the contribution that has been made in this thesis in these areas.

1.2 Absorption of laser energy by the plasma medium

An intense light/laser interaction with a solid target leads to many exotic phys-
ical phenomena. However, efficient absorption mechanisms of light energy to the
highly dense plasma is still a challenging task. High intensity laser pulses have a
pre-pulse and pedestal features with an intensity of at least 10−8 of the main pulse
intensity. Thus the pre-pulse of a laser has sufficient energy to ionize the solid tar-
get to the plasma state. Afterwards, the main laser pulse is absorbed inside this
plasma by various absorption mechanisms like collisional absorption process,103,104

J × B heating,105 vacuum heating,106 resonance heating107 etc. The absorption,
reflection or propagation of laser in plasma depends on characteristic features of
the laser as well as the plasma. The intensity of the laser, its pulse duration, the
shape of the pulse, laser wavelength, polarization, the angle of the incident etc., are
the main effective parameters of laser which influence the absorption process. The
plasma density profile and the scale length of its inhomogeneity are the plasma re-
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lated important determining factors for the absorption process. The conventional
methods of laser energy absorption into the plasma is briefly described in the next
few subsections.

1.2.1 Collisional abrosption process

At lower intensities (< 1015W/cm2) and longer pulse durations (∼ ns) of lasers,
collisional absorption process is the dominant mechanism of laser energy absorption
in plasma. In this process, plasma electrons acquire the energy from the laser.
These electrons transfer a fraction of energy to ion species through coulombic
interaction. This ultimately leads to plasma heating. The electron-ion Coulomb
collision frequency in critical surface of plasma108 is given by:

νei =
4
√

2π

3

neZie
4lnΛ

m
1/2
e (kBTe)3/2

(1.1)

where ne, Te and me are the plasma density profile, electron temperature, and elec-
tron mass respectively. Zi is the ion charge, lnΛ is the Coulomb logarithm and kB
is the Boltzmann constant. The electron-ion collisional frequency is much smaller
than the laser frequency in an overdense plasma i.e νei � ωL and ω2

L − ω2
pe �

νei
ωL
ω2
pe where, ωL and ωpe are the laser and electron plasma frequencies. As the

laser propagates through the plasma, laser energy dissipates to heat the plasma
through electron-ion collision mainly via inverse bremsstrahlung109,110 and nor-
mal skin effect.111 As it is evident from the Eq.( 1.1) that the collisional fre-
quency is inversely proportional to the electron temperature, the collisional ab-
sorption mechanism becomes less effective at higher intensities. For laser in-
tensities I > 1015W/cm2, the collisionless absorption mechanisms start to play
dominant role. The main collisionless absorption mechanisms are anomalous skin
effect, sheath inverse bremsstrahlung,9 sheath transit absorption,10 resonance ab-
sorption,11 vacuum (Brunel) heating,12 J×B acceleration,13 ponderomotive accel-
eration,14,15 stochastic heating,16 and absorption due to parametric decay insta-
bilities.17 While vacuum heating, resonance absorption, J × B acceleration and
ponderomotive acceleration are for overdense plasmas while stochastic and para-
metric decay instabilities aid the absorption processes in underdense plasmas.
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Figure 1.2: Schematics (not to scale): Resonance absorption of laser energy in
plasma where cut-off (at critical density nc) is followed by the resonance (with
density nr) where blue and orange spheres depicts hot electrons and ions respec-
tively

1.2.2 Resonance absorption mechanism

In an inhomogeneous density profile such that a cutoff is followed by the resonance,
a laser incident obliquely can be absorbed via resonance absorption process which
leads to plasma heating. Fig. (1.2) shows the schematics of resonance absorp-
tion of laser energy into plasma. However, it has been shown by Budden112 and
others113–115 that when an electromagnetic (EM) wave is incident from the region
with cut off followed by resonance, the sum of the reflection and transmission co-
efficients does not add up to unity. This puzzle was solved by Budden112 when
he showed by mathematical analyses that the difference of energy is absorbed be-
cause of the coupling to electrostatic waves in the resonance region. When the cut
off and the resonance are sufficiently close to each other, the evanescent electric
field which gets tunnelled from the cut-off region, sets up a nonlinear plasma elec-
tron oscillations parallel to density gradient direction through mode conversion to
electrostatic wave from the electromagnetic wave which is further resonantly en-
hanced by plasma. This high amplitude nonlinear plasma oscillations ultimately
suffer wave breaking leading to the generation of a sufficiently large number of
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energetic electrons. The wave breaking of plasma wave further used to heat the
plasma species. This process is called resonance absorption and dominates over all
the other processes when the condition

ωLL/c ∼ sinθ, (1.2)

is satisfied. Here L is the plasma density scale length and ωL is the laser frequency.
However, this mechanism fails to work when the laser falls on the steep density
gradient plasma surface. The resonance absorption mechanism breaks when the
amplitude of the plasma oscillation is greater than the gradient scale length i.e.
L < vosc/ωL where vosc is the electron quiver velocity.

1.2.3 Brunel/vacuum heating mechanism

Brunel12 gave another absorption mechanism named after him as Brunel mech-
anism or vacuum heating process for a p-polarized laser incident obliquely to a
plasma surface with sharp interface. This process is based on ‘capacitor approx-
imation’ in which magnetic field of the wave is ignored (i.e. ~v × ~B term can be
neglected when electron quiver velocity is very less than the speed of light c ). Now
the obliquely incident laser has an electric field component normal to the sharp
interface plasma surface. This electric field component pulls out electrons in the
vacuum from the plasma with the steep density profile in first half cycle of laser
and sends them back in the plasma with electron quiver velocity in the other half
cycle of the laser. This process increases the kinetic energy of the electrons and the
laser energy in this way gets converted to kinetic energy of the electrons efficiently.
This mechanism is highly efficient when the following conditions are satisfied

L < vosc/ωL; vosc > vt

where vosc and vt are the quiver and the thermal velocity of the electron respec-
tively. However, this mechanism does not work when a p-polarized laser incident
normal to the sharp interface plasma surface as a normal component of electric
field is absent in this case.
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1.2.4 J×B heating mechanism

The intensity at which the quiver velocity of electrons become comparable to the
speed of light c is known as relativistic intensity. A normalized vector potential a0
is defined as

a0 =
eA

mec2
. (1.3)

For highly intense lasers ( ∼ I > 1018W/cm2) which corresponds to a0 ≥ 1,
relativistic effects becomes important. At such intensities, for a p-polarized, intense
laser incident normal to a sharp vacuum plasma interface, dominant absorption
mechanism at such high intensities is the J×B heating.105 At such intensities, the
quiver velocity of electrons becomes comparable to the speed of light c. Therefore,
the ~v × ~B term cannot be neglected now. This term becomes the driving term in
this case which oscillates at twice the laser frequency. A linearly polarized wave
E = E0(x) sinωLt provides to a longitudinal force term

Fx = −m
4

∂v2osc
∂x

(1− cos 2ωt) (1.4)

The first term in right-hand side of Eq.( 1.4) is the DC ponderomotive force which
pushes the electron inwards and the second term leads to pull the electrons in
vacuum and send it back to plasma in a fashion analogous to the Brunel mechanism.
Thus ~J × ~B term couples the laser energy to the plasma electron. Therefore,
this absorption process is known as J × B heating mechanism. It works for any
polarization of laser apart from the circular and is the most efficient mechanism
of laser absorption for a normal incident laser when electron quiver velocity is
relativistic.

In all these conventional schemes the laser energy is dumped into the lighter
electron species. If one wishes to heat the plasma then one has to rely on the
transfer of electron energy to the heavier ion species. This process can sometimes
be pretty inefficient with increasing electron energy as Rutherford’s collisional cross
section decreases at higher electron energy. In this thesis, we provide a mechanism
whereby the laser energy can be directly transferred to ions without invoking the
intermediary role of electrons.
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1.2.5 Improving energy absorption efficiency

There has been a great deal of interest towards possible mechanisms of enhanc-
ing laser energy absorption so as to increase the number and the energy of hot
electrons116–122 in recent years. Most of these studies have emphasized the role
of laser pulse duration, intensity, the role of pre-plasma formation on the front
surface of the target etc. It is reported that the presence of pre-plasma on the
front surface of the target increases the absorption of laser energy as well as the
number of hot electrons.32,33,118 Recently, a novel technique of structured target
has been used which shows significant absorption of laser energy as compared to
the conventional approaches. Both experimental and simulation works have been
carried out towards observing and understanding increased production of hot elec-
trons by designed target.34–38 The introduction of sub-wavelength nano-layer front
has been shown to reduce the reflection and enhance the absorption of energy of
the intense short pulse laser.39 It has been demonstrated that the laser energy
absorption can be enhanced manifold using nano-structured targets23 for both rel-
ativistic and non-relativistic high contrast laser intensities. In fact, the structured
target provides more surface area for Brunel’s mechanism/vacuum heating pro-
cess. These structured targets also provide a geometry which can be used for laser
energy absorption even in normal incidence where Brunel’s mechanism does not
seem to work without any structured target. Recently, micro-scale fusion has been
achieved using such nano-wire array plasmas.40

1.3 Propagation of relativistic electron beam in over-

dense plasma

The energetic electrons which are created by the lasers are often utilized for various
applications. These involve table top radiation sources, fast ignition scheme of laser
fusion etc. In the fast ignition scheme, one wishes to create the ignition spark in
an already compressed fusion pellet using the energetic electrons created by lasers
at the critical density surface. There are number of ways to approach this scheme.
One such scheme is known as “Re-entrant cone guided fast ignition".1,84,85 In this
scheme a small gold cone is embedded into the side of the spherical fuel capsule,
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providing a clear pathway to the central region where the compressed fuel globule
is formed. The ultra-intense laser that ignites the fuel is fired into the cone. Where
it interacts with the cone tip, an enormous number of extremely energetic electrons
are generated. These electrons fly out into the fuel, heating to the temperatures
required for fusion. This, therefore, requires that the energetic electrons should
propagate through the plasma from the critical density to the compressed core
and then dump its energy to create a hot spot for ignition. In such an application,
therefore, the physics of electron beam transport through the plasma medium has
a crucial role. Furthermore, the propagation of electron beam through plasma
itself is interesting in its own right. It throws light on the possible mechanisms of
magnetic field generation, its nonlinear evolution, turbulent excitations etc., the
understanding of which is relevant in astrophysical scenarios also.

The highly energetic and relativistic electrons generated during the laser-solid
interaction carries a massive electron current (∼ MAmps). In the vacuum, the
electron trajectories carrying this current would turn due to the self generated
magnetic field. In fact, the maximum current that an electron beam can carry in
the vacuum is provided by the Alfvén current limit, which is 17βγ kAmps, where
β = ve/c and γ is the Lorentz factor. In plasma, propagation of fast electrons with
the current exceeding the Alfvén limit is permissible. Plasma induces a return
current in response to the forward electron current generated during the interaction
of laser with a solid target. If the electron beam spot size is less the electron skin
depth c/ωpe, then the return current flows from outside of the beam in the backward
direction to shield the electron current generated in the forward direction. When
the beam width is few times electron skin depth, the return current and the beam
current spatially overlap making it a current neutral system. The width of the
electron beam is typically commensurate with the laser spot size and is in general
greater than the electron skin depth.

1.3.1 Beam-plasma instabilities

The spatially overlapping forward and return electron current flows are susceptible
to several microinstabilities. For instance two steam instability,90,123 current fila-
mentation instability,124,125 oblique instability91 Weibel instability,18,28 Buneman
instability88 are the few such instabilities which are generated due to forward and
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return current flow in the system. These instabilities severely affect the transport
of the energy and momentum of the electron beam inside the plasma. While the
two-stream and the Buneman instability are of electrostatic character, the other
instabilities are primarily of electromagnetic nature.

The configuration of counterstreaming forward and return current leads to a
charge separation in the system. It was Langmuir126 in year 1925 who suggested the
existence of oscillations in a beam-plasma system. Pierce in the year 1948 demon-
strated that these oscillations can go unstable in nonlinear regime.127 Bohm and
Gross then explained using kinetic theory on the unstable perturbation propagating
along the beam direction.128 This unstable perturbation in the beam-plasma sys-
tem is popularly known as ‘two stream instability’. It leads to creation of a charge
separation along the beam propagation direction in the system and is of purely
electrostatic nature. Later, it has been shown by Fried129 that a beam-plasma
system is also unstable to electromagnetic perturbations which grow transverse to
the beam flow direction. This class of instability is known as ‘current filamentation
instability’.

Weibel18 in 1959 showed that a temperature anisotropy in a counterstreaming
current flows can also lead to a space charge separation in the system and it is
known as ‘Weibel instability’. The Weibel instability is driven by an anisotropy
in the velocity distribution of the plasma particles, where the velocity spread in
one direction is larger than another, that is both electromagnetic, and electrostatic
(as the current filaments also contain static charge). The wavenumber is always
directed perpendicular to the "hot" direction where the velocity spread is greater.
In the case where there are two plasma populations, at the same location moving in
opposite directions, the velocity spread is greater in the direction of the flow, and
in this case, the Weibel instability is referred to as the current filamentation insta-
bility. The Weibel instability was originally derived in the non-relativistic limit. In
the relativistic limit, the exact distribution of velocities becomes important, and
distinguishing the current filamentation instability becomes more relevant. Al-
though the current filamentation instability is driven by the velocity spread of the
two counter-propagating plasmas, the two-stream instability also occurs which is
driven by the two peaked velocity distribution with a wavenumber parallel to the
flow direction. There exists a hybrid of these two instabilities known as the ‘oblique
instability’, which grows fastest with a wavenumber somewhere between the cur-
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rent filamentation and two-stream modes. The tilted current filament structure in
beam-plasma system are the signature of this instability.130,131

It should be noted that in the analytical as well as numerical studies of these
beam-plasma instabilities have always been carried out under the assumption of the
infinite and/or periodic system. The real electron beam generated from the laser
has a finite transverse as well as longitudinal extent. Furthermore, the background
plasma current would not instantaneously neutralize the beam current entirely
everywhere. The course of evolution with these realistic considerations need to be
understood.

Furthermore, it is important to note that the electromagnetic instabilities dis-
cussed above have growth rates which dominate at the scale length of the electron
skin depth and hence they are responsible for the generation of magnetic field at
such scales. These magnetic fields, in turn, react on the flow of the beam and back-
ground plasma electrons and play a very important role in their propagation. A
better understanding of this can be gleaned only from nonlinear studies for which
one has to rely on numerical simulations.

1.3.2 Nonlinear regime of beam plasma instabilities

The nonlinear fate of the electrostatic two-stream instabilities has been studied
in detail by Goldman132 and Wharton et. al.133 In the nonlinear regime of two-
stream instability, a periodic chain of electron phase space holes are formed upon
saturation leading to the increase of electrostatic field energy at the expanse of
kinetic energies of the flows in the system. These coherent structuring of phase
space have been first observed experimentally in Ref.(90). In the post-saturation
phase of nonlinear two-stream instability, these phase space holes coalesce due to
coalescence instability until they form single coherent structure. These structures
are unstable to transverse instability134 in multidimensional space which is different
than the coalescence instability. Any charge modulation transverse to the electron
phase space holes is amplified by the self focusing untill it get disrupted. The
guided magnetic field can be used to minimize the self-focusing and lifespan of
these structures.135 However, these structures are stable enough to be observed in
space136 and in laboratory experiments.137

The space charge separation created by the current filamentation/Weibel in-
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stability in their nonlinear evolution passes through two distinct phases. Similar
to electrostatic two stream case, in the first phase of nonlinear evolution, the mag-
netic energy of the current filaments continues to grow at the expense of kinetic
energies of the electron flows in the system. This is because of the coalescence of
the current filaments.28 In the later phase of the nonlinear regime of the insta-
bility, there is an increase in the kinetic energy of particles and decrease in the
magnetic energy of the system because of magnetic reconnection process between
two filaments. Magnetic reconnection events then dissipate the excess current (and
its associated magnetic energy) that would result from a merger process leading to
the generation of energetic electrons jets in the perpendicular plane. These ener-
getic electrons causes a transverse heating and an increase in the kinetic energy of
the system. The current filaments produced by the Weibel instability are subject
to violent kink-type deformations which are associated with a resonance between
drift velocity of the current carrying ions and a longitudinal drift kink mode.138

This dominates the slows down of the electrons flows and leads to isotropization of
the magnetic field in the system. Furthermore, magnetic turbulence leading to the
turbulent fragmentations and filamentations of the electron beam in laser-plasma
experiments has also been observed in recent experiments.31

1.3.3 The role of instabilities and magnetic field generation

on electron transport

Laser energy is preferentially absorbed by the lighter electron species of the plasmas
as they respond at the fast laser frequency. This leads to the generation of the
energetic electron beam which propagates inside the plasma. However, the electron
beam thus produced are severely affected the induction of return shielding current
in the plasma leading to several streaming instabilities mentioned earlier in the
system. A huge amount of Mega-Gauss magnetic field is generated due to these
instabilities. The electron beam rapidly diverges due to this large magnetic field
in the system. Thus the transport of momenta and energy associated with the
electron beam to larger distances can be realized in practical situations.

The energetic electrons thus generated are then often employed to heat ions
in applications such as fast ignition etc., for creating hot spot in the plasma for
ignition.1 This is a secondary process to heat ions and consequently somewhat

17



Chapter 1. Introduction

inefficient. The propagation of energetic electrons is marred by several instabilities
mentioned above which lead to their divergence and loss. Moreover, the Rutherford
electron-ion collisional cross-section to enable the transfer of energy reduces with
increasing electron energy. It is thus desirable to have laser energy directly coupled
to the heavier ion species. In addition, there are also many other applications where
ion acceleration/heating is of importance, e.g. proton radiography, biomedical
applications.41–44

The advantages of direct in-situ ion heating/acceleration are many. For in-
stance, there would be (1) Efficient coupling directly to fusion species, viz. back-
ground DT species ; (2) Ions being non relativistic and total current being much
less than Alfvén critical current for ions, magnetic fluctuations are expected to
play negligible role in beam transport and beam stopping; (3) Classical collisional
stopping of few MeV ions in dense core will be adequate; (4) Return currents, if
any, will excite electrostatic ion acoustic modes leading to anomalous heating of
the background plasma. Therefore, there is a need to look for the possibility of
new absorption mechanisms through which laser energy can directly be transferred
to heavier species of plasma for efficient ion acceleration. This is the prime focus
of our study here.

It is shown in later part of this thesis that the use of a several Kilo Tesla of
external magnetic field transverse to a plasma would bind the electrons preventing
their motion. The long wavelength, high power pulsed CO2 laser is then shown to
get coupled to a heavier ion species in the plasma

The technological requirements for such an experiment also seem to be within
the reach. The CO2 lasers are today well known as efficient industrial laser available
in the market for long pulse and continuous wave applications. However, the high
power short pulse CO2 lasers are also now recently available102 and hence short
pulse applications such as the one discussed here can now be easily explored.
Furthermore, kilo-Tesla order of magnetic fields have already been prepared in
laboratory52–54 . Therefore, it is merely a matter of time now when several tens
of Kilo Tesla of magnetic fields can be generated, thereby paving the way for
conducting experiments for direct ion accelerations via laser-plasma interactions.
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1.3.4 Schemes for improved electron propagation

The propagation of hot electrons which get generated in the target by laser energy
absorption is another area of wide interest. The techniques for possible guiding and
reduction in divergence of beam propagation through plasma medium are being
explored. It is well known that the beam propagation in the plasma is fraught
with various instabilities which are responsible for the deterioration in the beam
transport. The attempt has been, therefore, towards curbing the growth of such
instabilities.

Some other technique involves the resistive collimation of fast electrons by
generating a guiding magnetic field on the boundary of two different material.
This has been proposed in Ref.19 The experimental investigations, based on this
scheme, have been carried out by S. Kar et al.20 and show the similar results which
were predicted in Ref.19 Another experimental work by Chatterjee et al.21 involves
using aligned carbon nano-wire arrays as the target. The irradiation of such a
target generates inhomogeneous plasma. They have demonstrated experimentally
efficient transportation of laser-generated mega- ampere electron currents over long
distances compared to flat solid target. This is based on the fact that the structured
target suppresses Weibel instabilities which allows the unhindered propagation of
energetic electrons in the plasma over longer distances. A theoretical interpretation
was provided by Mishra et al. which suggests that the beam Weibel instabilities
get suppressed in such inhomogeneous targets.22,23 Moreover, the external static
magnetic field can be used for suppression of these electron scale instabilities.24

Recently it has been shown that the use strong axial magnetic field can also lead
to better beam collimation.25 Furthermore, laser-plasma lenses can also be utilized
for relativistic electron beam collimation.26

1.4 Thesis Layout

As mentioned earlier important issues pertaining to the energetic electron beam
propagation in plasma and the possibility of direct energy absorption by ions from
laser has been explored in this thesis. The thesis has been divided into seven
chapters including this introduction.
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1.4.1 Chapter 1: Introduction

In this chapter, a brief summary of the previous studies relevant to this thesis has
been presented. It also contains a concise introduction on conventional laser energy
absorption mechanisms, beam-plasma instabilities and its role in propagation on
an electron beam inside a plasma, schemes to improve laser energy absorption and
electron beam propagation in plasma etc.

1.4.2 Chapter 2: Energy principle for beam-plasma system

instabilities

As mentioned earlier, a relativistic electron beam propagating through plasma
induces a return electron current in the system. Such a system of interpene-
trating forward and return electron current is susceptible to a host of instabili-
ties.18,28,88,90,91,123–125 The physics of such instabilities underlies the conversion
of the flow kinetic energy to the electromagnetic field energy. Keeping this in
view, an energy principle analysis has been enunciated in this chapter. The energy
principle often provides a succinct physical description of the excitations preva-
lent in any system. It has been regularly adopted for studying the stability of
hydrodynamic fluids in a conservative system.66–71 In plasmas also, the ideal Mag-
netohydrodynamic (MHD) excitations have often been interpreted using energy
principle72–76 for both equilibria with and without flows. The stability theory with
energy principle for ideal magnetohydrodynamics has been employed to study prob-
lems in a variety of contexts, e.g. magnetic fusion,77,78 astrophysics, solar and space
physics79,80 etc. For fast electron time scale phenomena (e.g. the case of beam
plasma system) Lashmore-Davis27 has shown the applicability of energy principle
for the electrostatic excitations leading to the two-stream instability. In chapter
2, a succinct physical description of Weibel/current filamentation instability using
the energetics has been provided. It has been shown that the for identical values
of S4 =

∑
α n0αv

2
0α/n0γ0α, the growth rate is higher when the counterstreaming

beams are symmetric (i.e. S3 =
∑

α n0αv0α/n0γ0α = 0) compared to the case when
the two beams are asymmetric (i.e. when S3 is finite). Here, v0α, n0α and γ0α are
the equilibrium velocity, electron density and the relativistic factor for the electron
species ‘α’ respectively and n0 =

∑
α n0α is the total electron density. These beam
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plasma instabilities arise as a result of the conversion of the kinetic energy of beam
and background electron flows to electric and magnetic fields. In the case when
the two flows are asymmetric, i.e. S3 is finite in addition to electromagnetic field
perturbations, the electrostatic field also gets excited. This costs energy, thereby
reducing the growth rate of the instability.

Particle - In - Cell simulations under OSIRIS 4.0 framework have been employed
to show that the saturated amplitude of the field energy is also higher in the
symmetric case.

1.4.3 Chapter 3: Nonlinear regime of beam plasma insta-

bility

As mentioned in previous subsection, the relativistic electron beam (REB) prop-
agation in a plasma is fraught with beam-plasma instabilities. The prominent
amongst them is the collisionless Weibel destabilization which spatially separates
the forward propagating REB and the return shielding currents. This results in the
formation of REB current filaments which are typically of the size of electron skin
depth during the linear stage of the instability. It has been observed that in the
nonlinear stage the filaments size increases as they merge with each other. With
the help of 2-D PIC simulations in the plane perpendicular to the REB propaga-
tion, it is shown in this chapter that these mergers occur in two distinct nonlinear
phases. In the first phase, the total magnetic energy increases. Subsequently,
however, during the second phase, one observes a reduction in magnetic energy.
It is shown that the transition from one nonlinear regime to another occurs when
the typical current associated with individual filaments hits the Alfvén threshold.
In the second nonlinear regime, therefore, the filaments can no longer permit any
increase in current. Magnetic reconnection events then dissipate the excess cur-
rent (and its associated magnetic energy) that would result from a merger process
leading to the generation of energetic electrons jets in the perpendicular plane.
At later times when there are only a few filaments left the individual reconnec-
tion events can be clearly identified. It is observed that in between such events
the magnetic energy remains constant and shows a sudden drop as and when two
filaments merge. The electron jets released in these reconnection events are thus
responsible for the transverse heating which has been mentioned in some previous
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studies48

1.4.4 Chapter 4: Effect of finite beam size and initial current

The beam-plasma system as of now has been analysed and/or numerically simu-
lated using infinite and/or periodic box conditions. For this case the transverse
extent of the beam is chosen to be infinite and/or periodic. As illustrated in the
previous chapters such a beam plasma is amenable to Weibel instability generating
current filaments and consequently magnetic field structures of the size of electron
skin depth scales. The nonlinear evolution leads to the coalescence of these struc-
tures generating longer scale magnetic fields with time. This cannot account for
laser plasma experiments conducted in laboratories which show that the magnetic
field at the scale of beam width (longer than the electron skin depth) exists right
from the very beginning.

In this chapter, we consider the realistic finite transverse profile of the elec-
tron beam. We demonstrate that for a small imbalance in the current (which is
again natural in the electron beam system) not only does the long scale magnetic
field persists but also shows a rapid increase. This cannot be accounted for with
the usual Kelvin Helmholtz and/or Weibel processes but is in agreement with ex-
perimentally observed spectra.30,31,49 A possible explanation has been provided
analytically for this observation.

1.4.5 Chapter 5: Direct coupling of laser to ions

The possibility of ion heating directly with a laser has been another topic of inter-
est. Some of the well-known mechanisms in this regard are the RPA (Radiation
Pressure Acceleration)50 and TNSA (Target Normal Sheath Acceleration).51 We
have demonstrated another mechanism of ion heating by employing external mag-
netic fields. The external magnetic field is chosen so as to constrain the electron
movement and have them tied to the magnetic field. The heavier ions remain
unmagnetized and respond to the laser electric field. The difference of electron
and ion dynamics lead to charge separation and drives ion plasma oscillations,
thereby transferring the laser energy to ions to a great extent directly. The pro-
posed mechanism has been demonstrated by carrying out OSIRIS 4.0 simulations
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using parameters for a CO2 laser for which the requirement of external magnetic
field strength is smaller.

1.4.6 Chapter 6: Direct coupling of laser to ions: Magne-

tosonic excitations

We continue our studies on direct energy absorption of the laser by ions in this
chapter and show that when the laser power is increased in addition to exciting
ion plasma oscillations, the excitation of Korteweg - de Vries (KdV) magnetosonic
solitons are also observed. Various diagnostics are employed to characterize these
solitons. The solitons, as expected, propagate stably for several hundreds of ion
plasma periods. However, subsequently they are observed to develop transverse
modulations which grow with time.

1.4.7 Chapter 7: Conclusion

We summarize the thesis in this chapter and recapitulate the salient points. We
also provide an overview of the future research problems which can be carried out
in continuation of the work described here.
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2
Energy principle for beam plasma

instabilities

As mentioned in chapter 1, a relativistic electron beam propagating through plasma
induces a return electron current in the system. Such a system of interpenetrating
forward and return electron current is susceptible to a host of instabilities. The
physics of such instabilities underlies the conversion of the flow kinetic energy
to the electromagnetic field energy. Keeping this in view, an energy principle
analysis has been enunciated in this chapter ∗ . It has been shown that even purely
growing mode like Weibel/current filamentation instability for the electron beam
plasma system is indeed amenable to such a treatment. The treatment provides
an understanding of the energetics associated with the growing mode. Particle -
In - Cell simulations have been employed to validate our findings from the energy
principle treatment for Weibel/current filamentation instability in linear regime.

2.1 Introduction

An intense laser interacting with an overdense solid target generates highly ener-
getic, relativistic electrons carrying a massive electron current (∼MAmps) in the
forward direction.139–141 In response to this, the background plasma supplies a re-
turn shielding electron current. Depending on the width of the beam being greater
or lesser than the electron skin depth ( de = c/ωpe ), the return current flows

∗ Atul Kumar, Chandrasekhar Shukla, Amita Das, and Predhiman Kaw, AIP Advances 8,
055213 (2018)
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inside or outside of the beam respectively to neutralize the system. The spatially
overlapping forward and return electron current flows are susceptible to several
micro-instabilities.18,88–91,93,94,123 The current filamentation instability,92,125,142,143

which is often referred to as the Weibel instability,18 creates a current separation
at the length scale of an electron skin depth in the plasma, which leads to a gen-
eration of strong magnetic field (∼ MGauss).30 It is believed that the Weibel
instability and its nonlinear evolution are largely responsible for the development
of strong magnetic fields in astrophysical contexts like the relativistic shock for-
mation in Gamma ray bursts (GRBs),61 the high energy cosmic rays,62,63 active
galactic nuclei (AGN)64 etc. In laser driven laboratory experiments also, Hunting-
ton et. al.65 have observed the ion-Weibel instability in interpenetrating plasma
flows. However, the experimental observation of magnetic field generation by the
Weibel instability at electron dynamics scale still remains a challenge. In a typ-
ical beam plasma system, a fraction of the kinetic energy ( δK) associated with
the flows get converted into the electromagnetic excitations. Such disturbances
feed upon themselves leading to the development of Weibel/current filamentation
instabilities.

The energy principle often provides a succinct physical description of the ex-
citations prevalent in any system. It has been regularly adopted for studying the
stability of hydrodynamic fluids in a conservative system.66–71 In plasmas also, the
ideal Magnetohydrodynamic (MHD) excitations have often been interpreted us-
ing energy principle72–76 for both equilibria with and without flows. The stability
theory with energy principle for ideal magnetohydrodynamics has been employed
to study problems in a variety of contexts, e.g. magnetic fusion,77,78 astrophysics,
solar and space physics79,80 etc. For fast electron time scale phenomena (e.g. the
case of beam plasma system) Lashmore-Davis27 has shown the applicability of en-
ergy principle for the electrostatic excitations leading to the two stream instability.
Weibel mode is an instability having mixed electrostatic and electromagnetic char-
acter. As the wavenumber gets more aligned transverse to the flow direction,
electromagnetic character predominates. When it is directed totally orthogonal to
the direction of flow, it is also referred to as the current filamentation instability.
In this case, the mode has a purely growing character. We have employed the
energy principle for this particular configuration. The origin of the positive and
negative contributions to the total energy has been clearly identified. The term
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providing a negative contribution to the energy is responsible for the growth of
the mode. The energy conservation, however, should ensure a balance between the
positive and negative energy contributions. This condition provides the expression
for the growth rate, which is found to be in good agreement with earlier deriva-
tions. We have discussed the flow configurations which are more susceptible to
the excitation of this mode. It is inferred that a symmetric flow configuration (i.e.
when both the beam and the background plasma electrons have identical densities
with equal and opposite flow velocities) has the optimal/fastest growth. This is
in agreement with results obtained from the linear stability analysis carried out in
earlier studies.124,125

2.2 Energy principle analysis of beam-plasma sys-

tem

We have considered an equilibrium configuration for a collection of the beam and
background plasma electrons flowing in opposite direction to each other against
a background of stationary ions. The charge neutrality and the current balance
are ensured initially. The charge of the beam and the plasma electron densities
are neutralized by the background plasma ions. Thus we have

∑
α n0α = n0i,

where α is a dummy index which is 1 and 2 representing the beam and plasma
electrons respectively. Here, n0α represents the density of the two electron species
and n0i is the background density of ions. We will restrict to the 2-D geometry
of x − y plane shown in Fig.(2.1) for our analysis. The beam (depicted by red
circles ) and background plasma electrons (green circles) are chosen to flow in the
±x direction respectively. The equilibrium current balance is ensured by choosing∑

α n0α~v0α = 0, where ~v0α is the equilibrium flow velocity for species ‘α’. The
system is considered to be of infinite extent in both x and y directions. Such
a system in the collisionless limit is in equilibrium with no forces acting on the
particles. The total energy of this system is in the form of electron kinetic energy
in the beam and the background electrons. Any electromagnetic instability in
such a system would develop only if the energy requirement for the growth of
electromagnetic fields is compensated by the reduction in the kinetic energy of the
electrons.
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Figure 2.1: Schematics (not to scale) of 2-D equilibrium geometry of the beam
plasma system where the beam (red circles ) and background plasma electrons
(green circles) are flowing in positive and negative x direction respectively

The dynamical evolution of the system about this equilibrium is clearly gov-
erned by the coupled set of Maxwell’s and electron fluid equations. The ions in
this treatment are assumed to be heavy and their response is considered to be neg-
ligible. The Maxwell’s equations lead to the following equation for the evolution
of field energy in the presence of plasma:

∂

∂t

(
E2 +B2

8π

)
+

c

4π
~∇ · ( ~E × ~B) + ~J · ~E = 0 (2.1)

This is the well known Poynting flux theorem for the electromagnetic energy in
the plasma. In the vacuum, ~J · ~E term is absent and the rate of change of elec-
tromagnetic energy is determined simply by the Poynting flux. In plasma or any
conducting media, the flow of currents leads to a finite value of ~J · ~E. This term
represents the possibility of energy transfer from the kinetic energy of the particles
to the field energy and vice versa. For the infinite system considered by us, the
Poynting flux would not contribute to the electromagnetic field energy evolution.
We would only have the ~J · ~E term responsible for any rearrangement between field
and the kinetic energies. Integrating Eq.(2.1) over space we obtain:

∂

∂t

∫ (
E2 +B2

8π

)
dxdy +

∫ (
~J · ~E

)
dxdy = 0 (2.2)

We now evaluate Eq.(2.1) for fluctuations excited about the homogeneous equilib-
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rium. Thus, a disturbance in any field is represented by the collection of Fourier
modes having the form:

f(~r, t) ∼ fkexp(i~k · ~r − iωkt) + c.c (2.3)

where c.c indicates complex conjugate of the expression to preserve the reality of
the left hand side. We consider filamentation instability for which the wavenumber
~k is directed along ŷ. We represent this component simply by k. Here, ωk =

ωrk + ιΓk with ωrk and Γk corresponding to the real and imaginary part of ωk
respectively. For the purely growing mode, ωk = ιΓk where Γk represents the
growth rate. For the perturbed current flow confined in 2-D x − y plane, the
associated magnetic field is directed along the ẑ direction and is denoted by B1z.
The perturbed electric field ~E1 lies in the x-y plane. The variations being along
ŷ, E1y is the electrostatic component of the field and E1x, B1z correspond to
electromagnetic excitation. These field perturbations are generated as a result of
the conversion of the kinetic energy associated with the beam and return electron
currents of the system into the electric and magnetic field energies. For the small
amplitude linear disturbances, only up to quadratic terms (associated with the
perturbed fields) in the energy expression have to be retained. We thus have:

∂

∂t

(
E2 +B2

8π

)
=

∂

∂t

[
1

8π
(E2

1x + E2
1y +B2

1z)

]
(2.4)

~J · ~E = −
∑
α

[
en0αv1αxE1x + en0αv1αyE1y + en1αv0αE1x

]
(2.5)

he linearized continuity equation for the species α can be written as:

∂n1α

∂t
+

∂

∂y
(n0αv1αy) = 0 (2.6)

Similarly, linearizing the x and y components of momentum equation for the species
α we have:

∂

∂t
(mγ30αv1αx) = −eE1x (2.7)

∂

∂t
(mγ0αv1αy) = −eE1y + ev0αB1z/c; (2.8)
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where ‘e’ is the magnitude of the electronic charge and ‘m’ is the rest mass of an
electron. Employing the Fourier representation of Eq.(2.3) for the linearised fields
(density, velocity, electric and magnetic field), we can cast the Eqs.( 2.6, 2.7, 2.8)
respectively to obtain:

n1αk =
k

ωk
n0αv1αyk (2.9)

v1αxk = − ιe

mγ30αωk
E1xk (2.10)

v1αyk = − ιe

mγ0αωk
E1yk −

ιe

mcγ0αω2
k

kv0αE1xk (2.11)

The Faraday’s law gives the following relationship between the ẑ component of
magnetic field and the x̂ component of electric field:

B1zk = − k

ωk
E1xk (2.12)

In addition, we have used the following definitions:

S1 =
∑
α

n0α

n0γ0α
; S2 =

∑
α

n0α

n0γ30α
(2.13)

S3 =
∑
α

n0αv0α
n0γ0α

; S4 =
∑
α

n0αv
2
0α

n0γ0α
(2.14)

The Poisson’s equation can be written as:

∂E1y

∂y
= −

∑
α

4πen1α (2.15)

Using Eqs.( 2.9, 2.10, 2.11), we can express the Poisson equation as:

ιkE1yk = −
∑
α

4πe
k

ωk
n0α

[
− ιe

mγ0αωk
E1yk −

ιe

mcγ0αω2
k

kv0αkE1xk

]
(2.16)

Rearranging terms in Eq.(2.16) along with the definition of S1 and S3 provided in
Eqs.(2.13, 2.14), we can cast E1y in terms of E1x as:

E1yk =
ω2
peS3

(1− ω2
pe

ω2
k
S1)ω3

k

E1xk (2.17)
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It should be noted that when S3 = 0, we have E1yk = 0. Thus a symmetric flow
configuration for which S3 vanishes does not generate any electrostatic field and
hence, the energy cost in this case for the development of Weibel mode is less. We
eliminate all the other fields in terms of E1x and use the normalized variables, i.e.
ωk/ωpe → ωk and kc/ωpe → k to obtain:

~J · ~E =
ι

8π

[
S2

{
1

ωk
− 1

ωk∗

}
+ S4k

2

{
1

ω3
k

− 1

ω3
k∗

}]
|E1xk|2

+
ι

8π

[
S2
3S1k

2

|ωk|6(1− 1
ω2
k
S1)(1− 1

ω2
k∗
S1)

{
1

ωk
− 1

ωk∗

}]
|E1xk|2

+
ι

8π

[
S2
3k

2

|ωk|4

{
1

ωk∗
(1− 1

ω2
k∗S1)

− 1

ωk(1− 1
ω2
k
S1)

}]
|E1xk|2

+
ι

8π

[
S2
3k

2

{
1

ω5
k(1− 1

ω2
k
S1)
− 1

ω5
k∗(1− 1

ω2
k∗
S1)

}]
|E1xk|2

(2.18)

where ωk∗ is the c.c of ωk. The above expression can be simplified to write:

~J · ~E =
2Γk
8π

[
S2

Γ2
k

+
S1S

2
3k

2

Γ4
k(Γ

4
k + 2S1Γ2

k + S2
1)
− S4

Γ4
k

]
|E1xk|2

=
1

8π

∂

∂t

[
S2

Γ2
k

+
S1S

2
3k

2

Γ4
k(Γ

4
k + 2S1Γ2

k + S2
1)
− S4

Γ4
k

]
|E1xk|2

(2.19)

It should be noted that we have replaced 2Γk by ∂/∂t because E1x = E1xkexp(iky−
iωkt). Thus |E1xk|2 ∼ exp(2Γkt). Here, Γk is the imaginary part of the frequency
ωk. Similarly, we have:

∂

∂t

(
E2 +B2

8π

)
=

1

8π

∂

∂t

[{
1 +

k2S2
3

|ωk|6(1− 1
ω2
k
S1)(1− 1

ω2
k∗
S1)

+
k2

|ωk|2

}]
|E1x|2

=
1

8π

∂

∂t

[{
1 +

S2
3k

2

Γ2
k(Γ

4
k + 2S1Γ2

k + S2
1)

+
k2

Γ2
k

}]
|E1x|2

(2.20)

Since the Poynting flux for the homogeneous infinite periodic system is zero, we
can express Eq.(2.1) by summing Eq.(2.19)and Eq.(2.20), to obtain Eq.(2.21).

We have chosen to normalize time with the inverse of electron plasma frequency,
ωpe =

√
4πn0e2

m
and length with the electron skin depth, de = c/ωpe (i.e. , t·ω−1pe → t
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and y · de → y ) to obtain the following expression:

1

8π

∂

∂t

[(
1 +

S2

Γ2
k

)
|E1xk|2 +

(
1 +

S1

Γ2
k

)
S2
3k

2

Γ2
k(Γ

4
k + 2S1Γ2

k + S2
1)
|E1xk|2 +

k2

Γ2
k

|E1xk|2

S4

Γ4
k

k2|E1xk|2
]

=
∂

∂t

[
χk

]
= 0

(2.21)

The parameters S1, S2 and S4 are always positive. It should be noted that though
the parameter S3 can be either positive or negative, it appears only as S2

3 in
Eq.(2.21). Hence, the sign of S3 does not matter but its magnitude |S3| is impor-
tant. Furthermore, Eq.(2.21) shows that χk (the energy in the kth mode) should
remain conserved. This is because in the linear regime the modes do not interact.
The system is in a state of equilibrium initially with infinitesimal perturbations
around it. Therefore, χk ≈ 0 for all k initially and from Eq.(2.21), χk would
continue to remain zero while the linear approximation remains valid. We thus
have:

χ =
1

8π

[(
1 +

S2

Γ2

)
|E1x|2 +

(
1 +

S1

Γ2

)
S2
3k

2

Γ2(Γ4 + 2S1Γ2 + S2
1)
|E1x|2 +

k2

Γ2
|E1x|2

−S4

Γ4
k2|E1x|2

]
= 0

(2.22)

In writing Eq.(2.22), we have dropped the suffix k.

2.3 Inferences from Energy Principle

The expression for χ in Eq.(2.22) has both positive and negative terms contributing
to it which is essential for the existence of any instability in the system. When
the positive terms balance with the negative terms to have χ = 0 at a finite value
of Γ, the corresponding mode is unstable. The growth rate is thus a function of
S1, S2, S3 and S4, which in turn, are functions of the density and flow parameters
of the equilibrium configuration of the beam as well as the background plasma
electrons. The first three terms of the expression for χ are positive definite ( S1

and S2 are positive and S3 which could be negative, appears as a square). The
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positive terms require additional energy. The fourth term with a negative sign (S4

and other factors being positive definite in this term) corresponds to a reduction
in energy of the perturbed configuration. The presence of this fourth term is thus
energetically favorable and is crucial for instability.

It should be noted here that ~J · ~E =
∑

α nα~vα ·(−e ~E). Here −e ~E is the force due
to the electric field experienced by the electrons. Thus, the positive/negative terms
in ~J · ~E represent the gain/loss rate in the kinetic energy of electrons respectively.
The negative terms are responsible for the growth of Weibel instability at the
expense of the kinetic energy of electrons. We now identify the terms in the
expression of ~J · ~E in Eq.( 2.5) which provide a negative contribution to the total
energy of the system.

Let us first consider the case of symmetric flow for which S3 is zero. For
this case, it is evident from Eq.( 2.17) that E1y = 0. Thus, only the first and
third term of Eq.( 2.5) are finite for this particular case. Let us now identify
their contributions in Eq.(2.22). The first term of Eq.(2.22) with the coefficient
(1 + S2/Γ

2) of |E1x|2 arises as follows. The coefficient unity clearly comes from
∂|E2

1x|/∂t of Eq.(2.4). The term with the factor S2/Γ
2 is the plasma dressing

contribution arising from (−
∑

α en0αv1αxE1x) (viz. the first term of Eq.2.5). This
can be obtained by expressing E1x in terms of v1xα from Eq.(2.10) which leads to
(−
∑

α en0αv1αxE1x) =
∑

α n0αmγ
3
0α|v1αx|2Γ. Clearly, this is a positive definite and

represents the rate of kinetic energy acquired by the electrons due to the perturbed
velocity along the x̂ direction (i.e. along the equilibrium flow direction). Let us
now look at the last term of Eq.(2.5) by substituting n1α and E1x in terms of the
velocities. It is evident from Eq.(2.9) that the density perturbations are related
to v1αy by the continuity equation. Since E1y is absent for the symmetric flow
configuration, v1αy gets generated by the ~v × ~B force in the momentum equation
(Eqs.(2.7, 2.8)). It should be noted that since the equilibrium flow is oppositely
directed for the two electron fluids, this force acts in the opposite directions for
the two species and is responsible for the separation of the two beams transverse
to the equilibrium flow direction (i.e. along ŷ). This causes the spatial separation
of the forward and return currents leading to magnetic field generation causing the
system to be destabilized by Weibel instability. We substitute for n1α and E1x in
terms of v1x to write the last term of Eq.(2.5) as −

∑
α k

2v20αmγ
3
0α|v1αx|2/Γ which

is negative and hence, it represents the loss rate of electron kinetic energy. In
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Eq.(2.22), it can be traced as the term with −S4k
2/Γ4 coefficient.

For asymmetric flows with non zero values of S3, E1y is finite. A finite value
of E1y contributes to ~J · ~E through the second term in Eq.(2.5) and also through
the dependence of n1α on v1αy (Eq. (2.9), which in turn is influenced by the force
−eE1y through the momentum equation (Eq.(2.9,2.8)). It should be noted that the
force due to E1y acts on the two fluids along the same direction and hence does not
lead to any current separation required for the Weibel destabilization process. The
sum of both these terms can be seen to be positive definite and they are responsible
for the gain in electron kinetic energy acquired by the perturbed ŷ component of
the velocity v1y. The term with the coefficient S1/Γ

2 in Eq.(2.22) represents the
sum of both these contributions. The unity in the bracket containing S1/Γ

2 arises
from ∂|E1y|2/∂t of Eq.(2.4). Furthermore, the term k2|E1x|2/Γ2 corresponds to the
last term of Eq.(2.4). It also represents the rate of change of the magnetic field
energy, ∂|B1z|2/∂t.

It is, therefore, clear that the negative term arises from the correlation between
n1α and E1x, which is the last term appearing in the expression of ~J · ~E (Eq.(2.5)).
This can also be simply viewed as a crucial term reducing the overall spatially
averaged perturbed kinetic energy of the electrons as demonstrated below.〈

δK

〉
=

1

2

〈∑
α

[
(n0α + n1α)(~v0α + ~v1α)2 − n0αv

2
0α

]〉
(2.23)

=
1

2

〈∑
α

[
n0α~v

2
1α + 2n1α~v0α · ~v1α

]〉
(2.24)

=
1

2

〈∑
α

[
n0α|v1αx|2 + n0α|v1αy|2 + 2n1α~v0α · ~v1α

]〉
(2.25)

It should be noted that the terms linear in perturbation average out to zero and
thus have been dropped. The terms with third order in perturbation have been
ignored. The first and second terms in Eq.(2.25) are positive definite. However,
the sign of the third term depends on the correlation between n1α and v1αx. Using
Eq.(2.10) and the fact that ω = ιΓ, we end up with the same correlation term as
in the expression for ~J · ~E which is responsible for decreasing the kinetic energy.

Now, we derive the expression for the growth rate of the unstable mode. Equat-
ing the coefficient of |E1x|2 in Eq.(2.21) to zero, we obtain the following 6th order
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polynomial equation as the dispersion relation from which the growth rate can be
obtained.

(Γ2 + S1)[Γ
4 + (S2 + k2)Γ2 − S4k

2] = −S2
3k

2 (2.26)

Equation(2.26) is in agreement with earlier derivation.124 For S3 = 0, the analytical
expression for the growth rate can be obtained as:

Γ =
1√
2

[√
(S2 + k2)2 + 4S4k2 − (S2 + k2)

]1/2
(2.27)

The other root of Γ2 = −S1 is the electron plasma oscillations. The analytical
expression for the growth rate can also be obtained in the asymptotic limit of
small beam density, i.e. n01 � n02, v01 � v02 and the beam velocity approaches
the speed of light, i.e |v01| ≈ 1. This implies that γ01 = γ0 � 1 and γ02 ∼ 1. We
can then expand the parameters S1, S2, S3 and S4 of Eq. (2.26) in powers of n01.
Retaining terms of n01 upto first order in the expression we obtain: S1 ≈ S2 ≈ 1,
S3 ≈ n01v01, S4 ≈ n01v01(v01/γ0 − v02). The expression for growth rate under this
approximation is then given by

Γ =

[
k2n01v

2
01

(1 + k2)γ0

]1/2
(2.28)

In the limit k � 1 the growth rate becomes,

Γ1 = (n01v
2
01/γ0)

1/2k (2.29)

In the other asymptotic limit k � 1,

Γ2 = (n01v
2
01/γ0)

1/2 (2.30)

This is a highly asymmetric flow configuration in which the beam density is much
lower than the background plasma density but it has relativistic speeds. The
value of |S3| for such configurations would be very high. On the other hand,
|S3| = 0 corresponds to a symmetric flow configuration. This can be understood
as follows. Using the condition of charge neutrality

∑
α n0α = n0 = 1 and zero

current
∑

α n0αv0α = 0 for an equilibrium, we have n01 = 1 − n02 and v02 =

−n01v01/(1− n01). All the parameters S1, S2, S3 and S4, on which the growth rate
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depends, can then be cast entirely in terms of the beam density and its equilibrium
velocity. The parameter S3 takes the form:

S3 = n01v01

(
1

γ01
− 1

γ02

)
(2.31)

Thus, S3 has a negligible role in non relativistic cases. In the relativistic case,
it is zero only when the flow configuration is symmetric. This corresponds to
v01 = −v02, which is possible only when n01 = n02 = 0.5. We will refer to the case
of n01 = 0.5 (corresponding to |S3| = 0) as the ‘symmetric’ flow configuration and
for any other value of n01 for which |S3| is finite the flow configuration is termed
as ‘asymmetric’ henceforth. It is interesting to note from Eq.(2.17) that the elec-
trostatic field E1y = 0 when |S3| = 0. Thus, for the symmetric flow configuration,
no electrostatic field gets generated and hence, it is favorable from the energetics
point of view to excite the instability for this particular configuration. In the ex-
pression for χ provided in Eq(2.22) also, it can be seen that the second positive
term vanishes entirely when |S3| = 0. We have carried out a detailed investigation
of the growth rate evaluated from the dispersion relation of Eq.(2.26) in the pa-
rameter domain of n01 vs. v01 to show that this inference drawn from the energy
principle is indeed correct.

In Fig.(2.3a,b), we have shown the constant contours of S4 in the n01 − v01

plane. When the growth rate using the values of n01 and v01 on the points of any
constant S4 contour is evaluated, we observe that the growth rate is always highest
for the symmetric case. We have employed Eq.(2.26) to evaluate the growth rate
numerically and used k = 1 where the growth rate maximizes.124 In TABLE I, we
have evaluated the growth rate for the constant contours of S4 = 0.25 for various
values of n01 and v01. We observe that the growth rate is highest for |S3| = 0, as
expected. In fact, the growth rate decreases monotonically with increasing value
of |S3|.

We have also shown the plot of growth rate for various values of n01 as a func-
tion of v01 in Fig.(2.2) and observe that the growth rate maximizes when n01 = 0.5,
i.e. for the symmetric flow configuration.
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TABLE I
The maximum growth rate of current filamentation instability evaluated

analytically on a contour of S4 = 0.25

n01 v01 |S3| Γ(max.)
0.343 0.898 0.1365 0.3748
0.346 0.923 0.1558 0.3722
0.360 0.960 0.1941 0.3636
0.367 0.970 0.2078 0.3581
0.383 0.983 0.2291 0.3475
0.400 0.991 0.2445 0.3336
0.429 0.996 0.2453 0.3258
0.466 0.994 0.1798 0.3857
0.487 0.982 0.0827 0.4392
0.5 0.963 0 0.4519

It is thus clear that the symmetric flow configuration has the maximum growth
rate. It would be interesting to know how the two flow configurations behave
in the nonlinear regime. In the next section, we have explored this by carrying
out 2-D PIC simulations through OSIRIS for the symmetric and asymmetric flow
configurations corresponding to the two points depicted by asterisks in Fig.(2.3b).
For these two points, both S4 and v01 are identical. Here, Case(A) is for the
symmetric flow with n01 = 0.5, whereas Case (B) is for asymmetric configuration
with n01 = 0.36.
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Figure 2.2: The equilibirum condition of charge neutrality and zero current requires
that only two parameters out of the four n0α and v0α can be chosen independently.
For this figure n01 and v01 have been chosen independently to understand the
variation of the growth rate with respect to them. The figure shows the plot of
growth rate as a function of v01. Each curve in the plot corresponds to a distinct
value of n01. It should be noted that the curve for n01 = 0.5 representing symmetric
flow configuration, has the highest value of growth rate for all values of v01.

Figure 2.3: (a) Contours of S4 in the plane of n01 and v01: (b) zoomed section of
contours of S4 where astricks denote two points of symmetric and asymmetric flow
configurations at the constant contour of S4 = 0.25

38



Chapter 2. Energy principle for beam plasma instabilities

2.4 Simulation Setup

PIC simulations using OSIRIS46,47 have been carried out for a system of the forward
electron beam and a compensating return current by the background plasma. The
equilibrium configuration in Fig.(2.1) has been initialized in a 2-D simulation box.
The simulation box size was chosen to be 25c/ωpe×25c/ωpe. The spatial resolution
is taken to be 50 cells per c/ωpe with 64 particles per cell which corresponds to a
grid size of ∆x = 0.02c/ωpe and time step ∆t = 0.012ω−1pe . A small noise in terms
of initial thermal velocity of vth = 0.0001397c in each of the two electron species
has been introduced initially. In typical beam plasma experiments, one envisages
the forward beam current to have high velocities and low density. On the other
hand, the background plasma electrons have high density and move with slower
speed. Thus the two flows would, in general, be highly asymmetric. We investigate
here both the cases of symmetric and asymmetric flows. For a proper comparison,
we have ensured in the choice of the equilibrium flow parameters to have identical
values of S4 as well as the beam velocity v01 for both the cases. For the symmetric
flow (Case (A)), a forward moving beam of density 0.50n0 moving with the
velocity of 0.963c and a compensating return electron beam with same density and
speed moving in opposite direction has been chosen. For asymmetric flow (Case
(B)), a beam electron density of 0.36n0 moving along x̂ with a velocity of 0.960c

in the forward direction and a shielding current of background electrons along −x̂
with density 0.64n0 moving with a velocity of 0.540c has been considered. We
have tracked the spatio - temporal evolution of magnetic field and particle density
along with the evolution of total magnetic field energy in the system defined by
1
8π

∫
B2(x, y)dxdy.

2.5 Simulation results and analysis

We have shown in Fig.(2.4), the evolution of the normalized magnetic field energy in
the system for Case (A) and (B) respectively. It can be observed from the semilog
plot of Fig.(2.4) that the magnetic field energy grows linearly in the beginning.
However, the symmetric flow i.e, Case (A) shows a higher growth rate than that
of Case (B), as expected. The field energy in Case (A) also saturates at a higher
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Figure 2.4: The calculation of growth rate of instability by its slope on temporal
evolution of magnetic field energy for the symmetric (S4 = 0.25, |S3| = 0 ) (solid
red color curve) and asymmetric flow (S4 = 0.25, |S3| = 0.1941 ) (dotted blue
curve) which match very well with the theoretical growth rate.

value. The 2-D color plots for the z component of the magnetic field (left column)
and the charge density (right column ) for Case (A) and Case (B) have been
shown in Fig.(2.5) and Fig.(2.6) respectively. The first subplot in both the figures
[Fig.(2.5) and Fig.(2.6)] corresponds to the linear regime. After this, the system
shows the onset of nonlinear effects. This can be clearly observed from the plots in
Fig.(2.4) where the lines start to curve. This happens for Case (A) and Case (B) at
t = 15.24 and t = 18.0 respectively. At the linear stage of instability ( t = 15.24 in
Fig.(2.5) and t = 18.0 in Fig.(2.6)), the formation of filaments in the magnetic field
as well as in the electron charge density are observed. The scale length of these
filaments are of the order of electron skin depth de. However, the magnitude of the
perturbed magnetic field in the asymmetric case is comparatively much weaker. It
is evident from Eq. (2.21) that finite value of |S3| (which is the case for asymmetric
plasma flows) can stabilize the growth of Weibel instability as compared to the
system of symmetric plasma flows (|S3| = 0). The slope corresponding to the
numerically evaluated growth rate has been indicated by the short straight lines
alongside the two respective cases. They show a good match in the linear regime of
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numerical simulation. The quantitative value of the growth rate calculated by PIC
simulation is Γnum = 0.46 which is in good agreement with theoretical growth rate
[Eq. (2.27)] Γth = 0.4519 (red solid color in Fig.(2.4)). In the case of asymmetric
flow(|S3| = 0.1941), the growth rate obtained from simulation is Γnum = 0.38 which
also matches with the theoretical result [Eq. (2.26)] Γth = 0.3636 (dotted blue color
line) and confirms the theoretical prediction that non-zero value of |S3| reduces
the growth rate of Weibel instability. It should, however, be noted that analytical
derivation corresponds to the filamentation configuration with perturbation wave
vector directed transverse to the flow direction. However, the simulation shows
variations along the flow direction as well, for both the cases. The slight difference
between analytical and simulation growth rate is reasonable as the oblique modes
are the ones which supposedly dominate the beam plasma instability. However,
since the variations along the flow direction are of much longer scales, they do not
seem to influence the growth rate much. This is the reason for a good agreement
between the analytically evaluated growth rate and that obtained from simulation.

It has also been found in our simulations that the nonlinear onset of Weibel
instabilty occurs sooner ( just after t = 15.24 ) in Case (A) than in Case (B) (
t = 18.0). The nonlinear saturation level in Case(A) is also typically higher as
compared to Case (B).

In the nonlinear regime, the perturbed magnetic field first keeps increasing at
a slower rate (phase 1). The magnetic field structures during this time coalesce
and form longer scale structures. Thus, a cascade of power towards longer scales is
distinctly observed. The energy evolution plots of Fig.(2.4), also show a subsequent
later regime (phase 2) in which the magnetic energy shows a steady decrease. The
color subplots of Fig.(2.5) at t = 27.24 and t = 39.24 for Case (A) correspond
to these two distinct nonlinear phases. For Fig.(2.6) the subplot at t = 30.0 and
t = 42.0 depicts the two nonlinear phases for Case (B). During the first phase of
the nonlinear regime, the filamentary nature of the structures continues to exist as
can be seen from Fig.(2.5) and Fig.(2.6). Thus, variations along the propagation
direction continue to remain at longer spatial scales. In this regime, the coalescence
of magnetic filaments increases the transverse scale length. In the second phase of
the nonlinear regime, the magnetic structures start to isotropize as can be observed
from the last two subplots of Fig.(2.5) and Fig.(2.6).

We have also shown the phase space plot of the beam and background electrons
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Figure 2.5: Evolution of magnetic field (left column) and electron charge density of
the beam (right column) for symmetric flows (prepared by Vapor [J. Clyne et. al.,
New Journal of Physics, 9, 8, (2007); J. Clyne and M. Rast, Electronic Imaging,
284-295, (2005)]): The formation of filamentary structures in magnetic field as well
as in electron charge density at the order of an electron skin depth, de is shown
just at the transition from linear to nonlinear stage (t=15.24). In the nonlinear
stage of instability, the tilted structure of filaments in the magnetic field as well as
in electron charge density which is a signature of oblique mode instability, can be
seen. The magnetic field energy spectra in the linear regime peaking at de is shown
within the top left corner of the figure. Further evolution of instability leads to the
system in a turbulent regime which is caused by the deflection of charge particles
due to a high amplitude magnetic field generated by the instability in the system.
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Chapter 2. Energy principle for beam plasma instabilities

Figure 2.6: Evolution of magnetic field (left column) and electron charge density
(right column) of the beam for asymmetric flow (prepared by Vapor [J. Clyne et.
al., New Journal of Physics, 9, 8, (2007); J. Clyne and M. Rast, Electronic Imag-
ing, 284-295, (2005)]): In the asymmetric flows, the term |S3| 6= 0 stabilizes the
system, therefore the growth rate of instability reduces as compared to symmetric
flow. The nonlinear phase of the instability, therefore, has a slow onset.
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at various times. For the symmetric case(A) the beam and background electrons
have the same density and speed, as shown in Fig. 2.7. The color scale represents
the particle numbers on the logarithmic scale. It can be observed from the plot that
the phase space plots show considerable evolution with time. In the linear regime
t = 36, there is an increase in the thermal spread in momentum space. However,
subsequently in nonlinear regime the shape of the phase space shows considerable
evolution. In the nonlinear regime the phase space acquires a crescent structure.
The particles with transverse temperature close to zero acquire a faster velocity,
whereas the particles with higher transverse temperature show signs of slowing
down. This creates a particle hole at the trailing end (see t = 36) subsequently
this hole gets filled up and an isotropic momentum distribution is achieved. Thus
during a nonlinear phase and the particle momentum essentially tries to isotropize.
It is observed that the isotropization occurs faster in the case of symmetric flows.

For the asymmetric case also the stages in development seem to be similar (See
Fig. 2.8) qualitatively. The central particles with weak transverse temperature get
accelerated and the ones which have higher transverse temperature slow down. It
is observed that the system isotropization time is longer when flow configurations
are asymetric as compared to the case when flow configuration is symmetric. In
symmetric case, the phase space structures acquire a triangular and/or a tear drop
form with the elongated edge being along the propagation direction.
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Forward electron current

Return electron current

Figure 2.7: Beam and background particle dynamics for symmetric case in mo-
mentum space where isotropization of momentum of beam and background plasma
particles can be clearly seen
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Forward electron current

Return electron current

Figure 2.8: Beam and background particle dynamics for asymmetric case in mo-
mentum space where isotropization of momentum of beam and background plasma
particles can be clearly seen
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2.6 Summary

The energy principle utilizes the energy cost associated with the perturbed equilib-
ria to ascertain whether the growth of a particular mode is energetically favorable
or not. This technique often provides an interesting physical insight and has been
extensively employed in the context of plasma systems governed by Magnetohy-
drodynamics. Recently, it has been invoked for understanding the electrostatic
two stream instability.

In this study, we have shown that an energy principle argument can be put
forth for the electromagnetic Weibel mode in the context of beam plasma system.
The perturbations in linear regime provide both positive and negative energy con-
tributions in the system. This is essential for the instability, as for conservative
system the total energy of the system is constant. The system should allow the
possibility of the growth of perturbations without any additional cost of energy.
This can happen only when the perturbations merely transfer energy from one
form to another. Thus causing one form of energy to grow at the cost of another.
For the beam filamentation instability, the electromagnetic field energy in the per-
turbed state grows at the cost of kinetic energy of the equilibrium flow. We have
identified S4 =

∑
α
n0αv20α
n0γ0α

as the coefficient of the negative energy contributing
term and is crucial for the instability. We have also shown that a finite value of
S3 =

∑
α
n0αv0α
n0γ0α

is responsible for generating the electric field transverse to the flow
profile and in fact, costs energy. It is clear that S3 is finite only in the relativistic
case and for the case when the flow profile is asymmetric (beam and background
plasma have different densities). The finite value of S3 suppresses the filamen-
tation mode. This has been verified by comparing the growth rates for various
cases in this manuscript. For instance, it has been shown that for a constant value
of S4 the growth rate is maximum for |S3| = 0 and reduces monotonically with
increasing value of |S3|. We have also carried out 2-D PIC simulations to illustrate
the difference between symmetric and asymmetric flow configurations. We have
chosen two flow parameters for which S4 is same. The value of S3 is zero for one
case and is finite for the other case corresponding to symmetric and asymmetric
configurations respectively. We have observed that even in the presence of 2-D
perturbations (permitted by the 2-D PIC simulations carried out by us) the sym-
metric case has higher growth rate. Furthermore, the nonlinear saturation level of
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Chapter 2. Energy principle for beam plasma instabilities

the perturbed magnetic field is also observed to be higher for the symmetric flow
configuration. There are two distinct phases of nonlinear evolution. In the first
phase, the magnetic energy continues to grow and is the result of the coalescence
of current filaments. In the second phase, the magnetic energy shows a steady
decrease. This happens as a result of particles acquiring kinetic energy. However,
we have shown that the momenta of the particles in this nonlinear regime tries to
isotropize the flow. Now when the two current filaments merge, the topology of
magnetic field structures also changes because of magnetic reconnection. Further-
more, the isotropization occurs faster in the case of symmetric flow configuration
as compared to the case when flows are asymmetric in nature.

The increase of the kinetic energy of particles at the expense of magnetic field
energy in the system during later phase of nonlinear evolution of Weibel insta-
bility can be associated with the magnetic reconnection in the merging of two
current/magnetic filaments. The magnetic field energy decreases during the pro-
cess of magnetic reconnection and particles are accelerated in the transverse plane.
These results are explained in Ch. 3.

It is well known that the Poynting flux in homogeneous beam-plasma system
where spatial extensions of beam and plasma electron flows are infinite, will be
zero. However, when the beam is of finite extent, there exists a possibility that
Poynting flux will not be zero and thus leads to radiative leakage from the finite
edges. Detailed explanations of radiative leakage and other features of finite beam-
plasma system where beam has finite transverse extent is provided in Ch. 4
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3
Nonlinear regime of beam-plasma

instabilities

A detailed study on linear regime of current filamentation/ Weibel instability
has been discussed in Chapter (2). The nonlinear evolution of current filamenta-
tion/Weibel instability has been presented in detail in this chapter ∗. The growth
of magnetic field in linear regime of the instability saturates due to the magnetic
trapping of charged particles. However there exists two distinct nonlinear phases
of evolution of Weibel instability. In the first phase of the nonlinear evolution,
the current filaments, flowing in the same direction, attract each other and thus
merge together to form long scale structures. In this first phase, the total magnetic
energy increases. Subsequently, however, during the second phase, one observes a
reduction in magnetic energy. It is shown that the transition from one nonlinear
regime to another occurs when the typical current associated with individual fil-
aments hits the Alfvén threshold. In the second nonlinear regime, therefore, the
filaments can no longer permit any increase in current. Magnetic reconnection
events then dissipate the excess current (and its associated magnetic energy) that
would result from a merger process leading to the generation of energetic electrons
jets in the perpendicular plane. At later times when there are only few filaments
left the individual reconnection events can be clearly identified. It is observed
that in between such events the magnetic energy remains constant and shows a
sudden drop as and when two filaments merge. The electron jets released in these

∗Chandrasekhar Shukla, Atul Kumar, Amita Das and Bhavesh G. Patel, Physics of Plasmas
25, 022123 (2018)
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Chapter 3. Nonlinear regime of beam-plasma instabilities

reconnection events are thus responsible for the transverse heating which has been
mentioned in previous studies48

3.1 Introduction

The existence and impact of the magnetic field in astrophysical events have contin-
ued to excite researchers, positing interesting issues pertaining to plasma physics.
With the advent of high intensity lasers, it has been possible to make interesting
observations on the dynamical evolution of magnetic field in laboratory experi-
ments on laser matter interaction.30,31,52,144 The intense lasers ionize the matter
into plasma state and dump their energy into the lighter electron species, gener-
ating relativistic electron beam (REB)15,139,145 in the medium. Though the prop-
agation of relativistic electron beam with current more than Alfvén current limit
i.e. I = (mec

3/e)γb = 17βγbkA, where β = vb/c, vb is velocity of beam and
γb = (1 − v2b/c2)−1 is relativistic Lorentz factor, is not permitted in the vacuum (
as the associated magnetic fields are large enough to totally curve back the trajec-
tories of the electrons). In plasma medium, this is achieved as the current due to
REBs are compensated by the return shielding current in the opposite direction
provided by the electrons of the background plasma medium. The two currents
initially overlap spatially, resulting in zero net currents and so no magnetic field
is present initially. The combination of forward and reverse shielding current is,
however, susceptible to several micro-instabilities. A leading instability in the rel-
ativistic regime is the filamentation instability.129 It is often also termed as the
Weibel instability.18 The filamentation/ Weibel instability creates spatial separa-
tion of the forward and reverse shielding currents. The current separation leads
to the generation of the magnetic field at the expense of the kinetic energy of the
beam and plasma particles. The typical scale length at which the Weibel separa-
tion has the maximum growth rate is at the electron skin depth scale c/ωpe. The
Weibel separation, thus, leads to the formation of REB current filaments of the
size of electron skin depth scale and is responsible for the growth of the magnetic
energy in the system. The dynamics, long term evolution and energetics associated
with the Weibel instability of current filaments are of central importance in many
contexts. For instance, in fast ignition concept of fusion, the energetic REB is ex-
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Chapter 3. Nonlinear regime of beam-plasma instabilities

pected to create an ignition spark at the compressed core of the target for which it
has to traverse the lower density plasma corona48,146–149 and dump its energy at the
central dense core of the target. This requires a complete understanding of REB
propagation in the plasma medium. In astrophysical scenario, the generation of
cosmological magnetic field and relativistic collisionless shock formation in gamma
ray bursts have often been attributed to the collisionless Weibel instability.150–154

The formation of collisionless shock and it’s behavior depends on long term evolu-
tion and dynamics of the magnetic field generated through Weibel destabilization
process.

The growth of magnetic field through the Weibel destabilization process in-
fluences the propagation of REB filaments. In this nonlinear stage, the current
filaments are observed to coalesce and form the larger structure. There are indi-
cations from previous studies81 that at the early nonlinear stage of evolution there
is a growth of magnetic field energy. Subsequently, however, the magnetic energy
shows decay. The physical mechanism for the observed decay of magnetic field
at later stages is the focus of the present studies. There are suggestions that the
merging process of super Alfvénic currents carrying filaments leads to the decay of
magnetic energy.81 On the other hand, the mechanism of magnetic reconnection
which rearranges the magnetic topology in plasma is also invoked which converts
the magnetic energy to kinetic energy of the particles. This can result in thermal
particles or the particles may even get accelerated82,83 by the reconnection process.
The merger of current filaments leading to X point formation where reconnection
happens has been shown in the schematic diagram Fig.(3.1).

In this chapter, the linear and non-linear stage of Weibel instability in detail
with the help of 2-D Particle - In- Cell (PIC) simulation has been studied. The
2-D plane of simulation is perpendicular to the current flow direction. The initial
condition is chosen as two overlapping oppositely propagating electron currents.
The development of the instability, the characteristic features during nonlinear
phase etc., are studied in detail.
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Chapter 3. Nonlinear regime of beam-plasma instabilities

electron je

Magnetic eld lines
current

Figure 3.1: Schematic (not to scale) of magnetic reconnection where the magnetic
field lines reconnects and accelerates the plasma particles as a jet

3.2 Simulation Set-up

We employ OSIRIS46,47 Particle - In - Cell (PIC) code to study the evolution of the
two counterstreaming electron current flows in a 2-D x1− x2 plane perpendicular
to the current flow direction of ±ẑ. We have considered the ion response to be
negligible and treated them as merely providing a stationary neutralizing back-
ground. Thus the dynamics is governed by electron species alone. However, this
would not be applicable at longer times where ion response may become important
and introduce new features.

The boundary conditions are chosen to be periodic for both the electromagnetic
field and the charged particles in all direction. We choose the area of the simulation
box R as 64 × 64 (c/ωpe)

2 corresponding to 640 × 640 cells. The time step is
chosen to be 7.07 × 10−2/ωpe where ωpe =

√
4πn0ee2/me and n0e = n0b + n0p

is the total electron density which is the sum of beam and the plasma electrons
denoted by suffix b and p respectively. The total number of electrons and ions
per cell in the simulations are chosen to be 500 each. The quasi neutrality is
maintained in the system by choosing equal number of electrons and ions. The

52



Chapter 3. Nonlinear regime of beam-plasma instabilities

velocity of beam electrons and the cold plasma electrons are chosen to satisfy
current neutrality condition. The uniform plasma density n0e is taken as 1.1 ×
1022cm−3 and the ratio of electron beam density to background electron density
has been taken as(n0b/n0p = 1/9) is the simulations presented here. The fields
are normalized by mecωpe/e. The evolution of field energy normalized by mec

2n0e

is averaged over the simulation box. We have carried simulations for the choice
of cold as well as finite temperature beams. Several choices of beam temperature
were considered.

3.3 Linear stage of instability

The charge neutrality and the current balance condition, chosen initially ensures
that there are no electric and magnetic fields associated with the system and
equilibrium conditions are satisfied. We observe a development of magnetic field
structures of the typical size of electron skin depth with time. This can be seen in
Fig.(3.2) where the contours of the transverse magnetic field have been shown in
the 2D x1− x2 plane. The development of this magnetic field can be understood
as arising due to the spatial separation of forward and return currents through
Weibel destabilization process. The growth of transverse magnetic field energy
with time has been shown in Fig.(3.3) for the two cases with following parameters:
(I) v0b = 0.9c and (II) v0b = 0.9c, T0b = 1kev, T0p = 0.1kev. The initial linear
phase of growth is depicted by the straight line region in the log linear plot. A
comparison with the analytically estimated maximum growth rate for the two cases
has been provided by the dashed line drawn alongside.

The growth rate for case (I) with v0b = 0.9c the growth rate obtained from
the simulation by measuring the half of the slope of the magnetic energy evolu-
tion in Fig.(3.3) is 0.18 and it compares well with the analytical value of 0.1879

(δcoldmax ∼
(
v0b
c

)√n0b/n0p

γ0b
ωp

155). Similarly for case (II) when the beam tempera-
ture is finite the growth rate of 0.023 from simulation agrees well with the ana-
lytical estimate obtained from kinetic calculations for these parameters of 0.025

(δhotmax ∼ 2
√
6

9
√
π

[ω2
bv

2
0bme/Tb+ω

2
b (γ0b−1/γ

3
0b)]

3/2

ω2
p(v

2
0p+Tp/me)c

(Tp/me)
3/242). It should be noted that this

is consistent with the well known characteristic feature of the reduction in Weibel
growth rate by increasing beam temperature. After the linear phase of growth, it
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Figure 3.2: The transverse magnetic field B⊥ =
√
B2
x +B2

y [in unit of mecωpe/e]
at tωpe = 51: The size of magnetic field structure in linear regime is the order of
c/ωpe
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Figure 3.3: Calculation of linear growth rate from PIC simulation

can be observed from Fig.(3.3) that when the normalized magnetic energy becomes
of the order of unity the increase in magnetic energy considerably slows down. This
reflects the onset of the nonlinear regime. We discuss the nonlinear regime of the
instability in the next section in detail.

3.4 Nonlinear stage of instability

When the Weibel separated magnetic fields acquire significant magnitude, they
start influencing the dynamics of beam and plasma particles. This backreaction
signifies the onset of nonlinear regime. The plot of the magnetic energy growth in
Fig.(3.3) clearly, shows that at around t ∼ 50ωpet (cold beam-plasma system) the
system enters the nonlinear phase. The characteristics behaviour in the nonlinear
regime has been described in the subsections below:

3.4.1 Current filaments

In the non-linear stage of WI, the current filaments, flowing in the same direction,
merge with each other with time and organize as bigger size filaments. During
the initial nonlinear stage magnetic field energy keeps growing, albeit at a rate
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curve shows the magnetic field energy |B⊥|2 = |B2
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y | and the decay in magnetic
field energy at later time can be clearly seen. The solid black curve is for transverse
kinetic energy W⊥

beam of beam and dotted red curve is for transverse kinetic energy
W⊥
plasma of plasma. In the plots, we observe the gain in the transverse kinetic

energy of plasma as well as beam at the same time when magnetic reconnection
phenomena occurs and magnetic field energy decay. The color plot of kinetic energy
of plasma particle has been shown in the inset of figure which shows the jet like
structure.

which is much slower than the linear growth rate and then saturates (Fig. 3.4).
Subsequently, the magnetic field energy decreases as can be observed from the plot
of Fig.(3.4).

A rough estimate of the saturated magnetic field can be made by the follow-
ing simple consideration. The spatial profile of the magnetic field in the current
filament is mimicked as a sinusoidal function with k representation the inverse of
the filament size. The amplitude of the magnetic field is B0 which in the nonlin-
ear regime significantly deflects the trajectories of the electrons. The transverse
motion of an electron in the plane of the magnetic field is then given by

d2r

dt2
=

evz
mcγ0b

B0sin(kr) (3.1)
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Figure 3.5: The merging of beam current filaments highlighted by white box

The bounce frequency of a magnetically trapped electron is thus

ω2
m =

ev0bkB0

mecγ0b
(3.2)

the saturation would occur when the typical bounce frequency becomes equal to
the maximum linear growth rate of instability. Therefore, the saturated magnetic
field can be estimated by comparing the linear growth of filamentation instability to
the bounce frequency (ωm = δm). In case of mono-energetic distribution function,
the saturated magnetic field is

Bsat ∼
(
mev0bn0b

ekcn0p

)
ω2
p (3.3)

The estimate provided by the eq.( 3.3) compares well with the observed saturated
value of the magnetic field which is equal to 0.1.

3.4.2 Alfvén limited filaments

The process of merging of like current filaments can be seen from the plots of
temporal evolution of the current densities shown in Fig.(3.5). The current in the
filament is essentially due to the beam electrons as illustrated in Fig.(3.5). The
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Figure 3.6: The time evolution of number of current filaments( solid red curve),
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current in the filament, however, should not exceed the Alfvén limit. The value of
the Alfvén limit for our simulations is 35kA. In Fig.(3.6), we show the evolution
of the beam current and the number of filaments in the simulation box.

The number of filaments keeps dropping slowly, however, the average beam
current in the filament keeps increasing. Since the beam particles convert the
partial kinetic energy into magnetic field energy and slow down, the Alfvén current
limit drops with time and finally saturates. The magnetic field keep on increasing
until the average beam current lower than Alfvén current limit and at particular
time, the average beam current cross the Alfvén current limit. This is also the time
after which there is no increase in the magnetic energy of the system. After the
saturation of instability, the magnetic field energy (|B⊥|2(n0mec

2) zoomed 100×
for better view) starts decaying as shown in Fig.(3.4). In fact, one observes that the
magnetic energy reduces after this time. This decay in the magnetic field energy
can be understood on the basis of magnetic reconnection phenomena.
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Jet Jet

t pe=3600 t pe=3605

Figure 3.7: The formation of jet like structure during the magnetic reconnection
process in background plasma charge density [highlighted by arrow]

3.4.3 Electron jet formation

At later times when only few filaments are left in the system, we can track each
of the filaments individually. We choose two such filaments which are about to
converge and observe their behaviour as they coalesce with each other in Fig.(3.7).
The figures show the formation of electron jets in the plane as the two structures
merge with each other.

The structures basically follow the EMHD156,157 dynamics. Thus as the fila-
ments come near each other they carry the ~B−∇2 ~B with them. The filament scales
being longer than electron skin depth, the magnetic field is essentially carried by
the electron flow in the plane. However, when the filaments hit each other the mag-
netic fields get compressed against each other and scale sizes smaller than electron
skin depth are formed. The collisionless inertia driven reconnection takes place
and generating energetic electron jets in the direction orthogonal to the direction
at which the filaments approach each other.

There is a change in magnetic field topology and accelerated electrons are ob-
served. This is responsible for the reduction in magnetic field energy. In fact, each
of the sudden drops in magnetic field energy can be times with such reconnection
events in the simulation. The increase in the perpendicular energy of the electrons
W⊥ has been shown in Fig.(3.4).

It is interesting to note that nature tries to use ingenious and rapid techniques to
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relax a highly asymmetric system such as the one with inter-penetrating electron
current flows along ±ẑ. The system being collisionless it would not have been
possible to convert W‖ (kinetic energy parallel to ẑ axis to W⊥). The magnetic
field provides an intermediary role to aid this process and symmetrize the system.

3.5 Conclusions

In this chapter, we have studied theoretically as well as numerically (PIC simu-
lation) the Weibel instability in beam plasma system. We have shown that the
linear stage of Weibel instability shows good agreement with PIC simulation re-
sults. In the non-linear stage, the current filaments having the flow in the same
direction merge into each other. There is a rearrangement of the magnetic field
lines through reconnection process leading to energetic electron jets in the plane.
This has been clearly observed in the simulation. So ultimately the parallel flow
energy gets converted into the perpendicular electron energy. Basically, the exci-
tation of the instability and the nonlinear evolution tries to relax the configuration
towards an isotropic configuration rapidly in a collsionless system.
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4
Effect of finite beam size and initial

current

In the previous chapters (Ch. 2 and Ch. 3), it has been shown that the combination
of forward and return shielding currents is known to be susceptible to the Weibel
destabilization process as observed from the PIC simulations for periodic infinite
beam - plasma system.158 Such a destabilization leads to spatially separated cur-
rent filaments at the electron skin depth leading to magnetic field generation at
commensurate scales. At later times, the current filaments created merge to form
larger structures and hence, the long scale magnetic field structures are generated
in the system through nonlinear inverse cascade mechanism. The choice of infinite
periodic system is based on an inherent understanding that the boundary effects
due to finite system would merely have small incremental impact. However, nu-
merous laser-plasma experiments30,31 in last one decade suggests the generation
of long scale magnetic field structures much before the conventional Weibel and
other sheared flows instabilities like Kelvin-Helmholtz instabilities. The appear-
ance of magnetic fields at scales longer than the skin depth during very early stage
can never be accounted by conventional Weibel destabilization route of the beam
plasma system. This remained a puzzle to us for nearly a decade which has never
been well understood.

In this chapter ∗, we propose, simulate and experimentally demonstrate a new

∗ Amita Das, Atul Kumar, Chandrasekhar Shukla, Ratan Kumar Bera, Deepa Verma,
Bhavesh Patel, Y. Hayashi, K. A. Tanaka, Amit D. Lad, G. R. Kumar, and Predhiman Kaw,
arXiv:1712.03099 [physics.plasm-ph] (2017)
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mechanism of long scale magnetic field generation in the context of laser plasma
interaction. The mechanism relies on two realistic features which have been totally
ignored in previous studies. These relate to the finite size of the laser generated
electron beam and an initial current imbalance which would typically be present
when energetic electrons push itself in a plasma medium. It is shown that magnetic
fields of much longer scale lengths (comparable to the transverse beam dimension)
get generated much before the conventional Weibel and Kelvin Helmholtz instabil-
ities associated with the beam plasma system set in. This happens as a result of
a radiative leakage at the boundaries of the finite beam wherein even a small but
finite current imbalance plays a crucial role of a radiative antennae. These features
have been absent in all conventional periodic systems considered in earlier simula-
tions as well as theoretical analyses. Our study thus triggers a re-examination of
hitherto prevalent ideas on magnetic field generation in plasmas and focus atten-
tion on the effects of finiteness in physical systems.

4.1 Introduction

The dynamical evolution of intense magnetic fields and associated current pulses
plays an important role in a variety of plasma physics problems. These include
plasma switches, design of novel radiation and charged particle sources, laser driven
fusion and laboratory simulation of astrophysical phenomena etc.30,31,141,159–161

The current pulses may be generated and driven into a solid density plasma by
an intense, femtosecond laser. It is now well known that massive current pulses
produced in such an interaction induce return currents from the thermal plasma
electrons and these two types of currents are fraught to electromagnetic instabili-
ties. It is widely believed that the well known Weibel instability18,28,162 separates
these initially superimposed counterstreaming currents and leads to strong mag-
netic field generation. Countless analytical and simulation studies have explored
this instability and predicted that this instability generates magnetic field at the
electron skin depth scale. The nonlinear inverse cascade mechanism subsequently
leads to progressive generation of longer scales. In this manuscript, we provide
convincing evidences that this is not a realistic physical situation but is merely
an artefact of boundless beam plasma interaction in simulations as well as the-
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oretical analyses. We demonstrate through laser plasma experiments and finite
beam size simulations, using different variety of codes, that the energy is input
preferentially into the magnetic field at the scale size of the beam (in the case of
laser experiments this is at the spot size of the irradiating laser). We show that
magnetic field generation caused by the electron currents first occurs at the scale
size of the boundary and only much later does the Weibel instability kick in at
the skin depth scale. This is a new mechanism of magnetic field generation which
is triggered by a small current imbalance acting like an antenna causing radiative
leakage from the two edges of the finite beam. When the plasma medium is over-
dense, the radiatively leaking fields accumulate at the beam edge giving rise to
long scale magnetic fields. This mechanism of magnetic field generation dominates
the Weibel instability at the initial stage and has its origin in the effect of radiative
loss from negative energy waves in a manner analogous to the radiative instability
of a leaky waveguide.163,164

4.2 The new mechanism for long scale magnetic

field generation

We have carried out theoretical analyses using two fluid model for an equilibrium
configuration of the beam plasma system in 2-D x − y plane as shown in Fig.1.
The central region II from −a ≤ y ≤ a carries the beam current and an oppositely
flowing background plasma current, which balance each other. In region I and
region III the plasma is static and at rest. The charge neutralization in equilibrium
is achieved by balancing the total electron density by the background ion density,
viz.,

∑
α n0α = n0i in all the three regions. The electron flow velocity in region I

and III is zero, whereas in region II the two fluids flow in a fashion so as to have
zero current, i.e.

∑
α n0αv0αx = 0. Here the suffix α stands for b and p representing

the beam and plasma electrons. The linearised perturbation of the momentum and
continuity equations of the two fluids and the Maxwell set of equations around this
equilibrium is considered. The perturbed fields are chosen to vary with respect to
y and t only. The flow is confined in x − y plane, so we have B1z, E1x and E1y

(where the suffix x, y, and z denotes the spatial components and B and E represent
magnetic and electric field respectively) only as the perturbed dominant fields. The

63



Chapter 4. Effect of finite beam size and initial current

x

Y

a

I

II

III

2a

-a

0
Y

X

2a

a

-a

0

Figure 4.1: Schematics (not to scale) of 2D- equilibrium geometry of the beam
plasma system where beam has finite width ’2a’ in the transverse direction

linearised continuity equation for the species α can be written as:

∂n1α

∂t
+

∂

∂y
(n0αv1αy) = 0 (4.1)

Similarly, linearising the x and y components of momentum equation for the species
α we have:

∂

∂t
(mγ30αv1αx) = −eE1x (4.2)

∂

∂t
(mγ0αv1αy) = −eE1y + ev0αB1z/c; (4.3)

where ‘e’ is the magnitude of the electronic charge and ‘m’ is the rest mass of an
electron. The Faraday law gives the following relationship between the ẑ compo-
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nent of magnetic field and the x̂ component of electric field:

B1z = −k
ω
E1x (4.4)

Ampere’s law can be written as,

~∇× ~B =
4π

c
Σ ~J1α +

1

c

∂ ~E1

∂t

or,
~∇× ~∇× ~E = −1

c

∂

∂t
(~∇× ~B)

which can be further written after some algebraic steps as:(
∂2

∂y2
+
ω2

c2

)
E1x = −4πιω

c2
ΣJ1αx (4.5)

where,
ΣJ1αx = −eΣn0αv1αx − eΣn1αv0αx (4.6)

Employing the Fourier representation for the linearised fields (density, velocity,
electric and magnetic field), we can cast the Eqs.(4.1 - 4.3) respectively to obtain:

n1α =
k

ω
n0αv1αy (4.7)

v1αx = − ι
ω

eE1x

mxγ30α
− ι

ω

∂
∂y

(γ0αv0αx)

γ0α3
v1αy (4.8)

v1αy =
ιe

ωγ0αc

v0αx
me

B1z (4.9)

Substituting Eqs.(4.7 - 4.9) into Eq.(4.6), we obtain:

J1αx = en0α

[
ι

ω

eE1x

meγ0α3
+

ι

ωγ0α3
∂

∂y
(γ0αv0αx)v1αy

]
+ ev0αx

[
ι

ω
n0α

∂

∂y
v1αy

]
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or,

J1αx =
ιn0αe

2

meγ0α3ω
E1x + en0α

ι

ω���γ0α
3 ·���γ0α

3 ∂

∂y
(v0αx)

[
−ev0αx
γ0αω2me

∂E1x

∂y

]
+
ev0αxn0αι

ω

∂

∂y

[
−ev0αx
γ0αω2me

∂E1x

∂y

]
or,

J1αx =
ιω2

pen0α

4πn0γ30αω
E1x −

ιe2n0α

γ0αme

v0αx
ω3

∂E1x

∂y

∂

∂y
(v0αx)−

ιe2n0α

me

v0αx
ω3

∂

∂y

[
v0αx
γ0α

∂E1x

∂y

]
or,

J1αx =
ιω2

pen0α

4πn0γ30αω
E1x −

ιe2n0α

meω3

(
v0αx
γ0α

∂E1x

∂y

)
∂

∂y
(v0αx)−

ιe2n0α

meω3

(
v0αx

)
∂

∂y

[
v0αx
γ0α

∂E1x

∂y

]
or,

J1αx =
ιω2

pen0α

4πn0γ30αω
E1x −

∂

∂y

[
ιω2

pen0α

4πn0γ0αω3
v20αx

∂E1x

∂y

]
(4.10)

Substituting Eq.(4.10) into Eq.(4.5), we get the following expression:(
∂2

∂y2
+
ω2

c2

)
E1x +

4πιω

c2
Σ

{
ιω2

pen0α

4πn0γ30αω
E1x −

[
ιω2

pen0α

4πn0γ0αω3
v20αx

∂E1x

∂y

]′}
= 0

(4.11)
or, [

E1x
′ +

ω2
pe

ω2c2
Σ
n0α

n0

v20αx
γ0α

E1x
′
]′

+

(
1−

ω2
pe

ω2c2
Σ
n0α

n0γ30α

)
ω2

c2
E1x = 0

or, [
E1x

′
(

1 +
ω2
pe

ω2c2
Σ
n0α

n0

v20αx
γ0α

)]′
+

(
1−

ω2
pe

ω2c2
Σ
n0α

n0γ30α

)
ω2

c2
E1x = 0

or, [
E1x

′
(

1 +
ω2
pe

ω2c2
Σ
n0α

n0

v20αx
γ0α

)]′
+

(
1−

ω2
pe

ω2c2
Σ
n0α

n0γ30α

)
ω2

c2
E1x = 0 (4.12)

We have chosen to normalize time with the inverse of electron plasma frequency,
ωpe =

√
4πn0e2

m
and length with the electron skin depth, de = c/ωpe (i.e. , t·ω−1pe → t

and y ·de → y ) to obtain the following differential equation expression Eliminating
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all the perturbed fields in terms of E1x:

[f2E
′
1x]
′ − g2E1x = 0 (4.13)

Here

f2 = 1 +
S4

ω2
− S2

3

ω2(S1 − ω2)
(4.14)

g2 = S2 − ω2 (4.15)

In addition, we have used the following definitions:

S1 =
∑
α

n0α

n0γ0α
; S2 =

∑
α

n0α

n0γ30α
(4.16)

S3 =
∑
α

n0αv0α
n0γ0α

; S4 =
∑
α

n0αv
2
0α

n0γ0α
(4.17)

It should be noted that S3 and S4 are finite only when there is an equilibrium flow
in the two fluid electron depiction. Furthermore, if the flow velocities of the two
electron species are equal and opposite then S3 = 0.

4.3 Existence of new finite beam instability

The homogeneous limit of Atul Kumar et. al.28 (metioned in Eq. 2.26, Chapter 2)
can be easily recovered if we take Fourier transform of Eq.(4.13). The homogeneous
equation yields the dispersion relation for the Weibel instability growth rate. We
now seek the possibilities for obtaining purely growing modes in a finite system.
For this purpose we multiply Eq.(4.13) by E1x, replace ω2 = −Γ2 (for purely
growing modes) and integrate over y over region II, i.e. from −a to a. This yields:∫ a

−a

[
E1x(f2E

′
1x)
′ − g2E2

1x

]
dy = 0 (4.18)

Upon integrating by parts we obtain

f2 [E1xE
′
1x] |a−a −

∫ a

−a

{
f2 [E ′1x]

2
+ g2E

2
1x

}
dy = 0 (4.19)
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In region II, f2 and g2 being constant, we can take them outside the integral. Thus
Eq.(4.19) can be written as

f2 [E1xE
′
1x] |a−a − f2

∫ a

−a
[E ′1x]

2
dy − g2

∫ a

−a
E2

1xdy = 0 (4.20)

If the boundary term is absent, as in the case of an infinite homogeneous system,
then Eq.(4.20) can be satisfied for a finite value of E1x, provided second and third
terms have opposite signs. The integrand being positive definite this is possible
provided g2 and f2 have opposite signs. The definitions of g2 and f2 in terms of γ2

are
f2 = 1 +

S2
3

γ2(S1 + γ2)
− S4

γ2

g2 = S2 + γ2

Since g2 is positive, the only possible way for f2 to be negative is to have S4/γ
2

dominate over the first two terms of f2. Thus, the conventional Weibel gets driven
by S4. It is also obvious that S3 provides a stabilizing contribution making it more
difficult for f2 to become negative which is desired for Weibel destabilization.28

For a finite system, an interesting thing happens when boundary contribution
is retained. The boundary term [E1xE

′
1x] |a−a represents the Poynting flux and is

positive for the radiative flux moving outside region II. The sign of the boundary
term thus gets determined by the sign of f2. Hence, another possibility for satis-
fying Eq.(4.20) with finite and positive value of first term balancing the other two
negative terms exists.

It should be noted that the instability driven in this case is different from the
Weibel mode as the boundary terms are responsible for it and the sign of f2 is
positive which is different from the Weibel case. Furthermore, it is interesting to
observe that Equation(4.20) can be easily satisfied by the boundary contribution
provided the variations in E1x in the bulk is minimal as this leads to minimal (close
to zero) contribution from the integrand of the second term. Thus the instability
driven by the boundary term would have a preference for long scale excitation.

It is clear that for this mechanism to be operative, a finite beam with boundaries
is essential. Also the radiative outward flux needs to be triggered.

We have clinched the evidences of long scale magnetic field structures that
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Chapter 4. Effect of finite beam size and initial current

gets generated via this new mechanism. We now show evidences of this instability
through numerical simulations as well as experimental observations. PIC simula-
tions using OSIRIS,46,47 PICPSI165 and EPOCH166 were carried out for the case
of a forward beam current and a return plasma current with a slight mismatch
between the two at t = 0. Both these conditions are realistic from the point of
experiments. Care has been taken for the uncompensated current to be very weak
so that the associated magnetic field initially is quite small.

4.4 Sumulation and experimental details

4.4.1 Simulation details

The simulations were carried out in both 2-D and 3-D. In 3-D cylindrical beam
currents of diameter 2a was chosen. The 2-D simulations were carried for a box
size of 25c/ωpe × 25c/ωpe. The beam was chosen to be confined within an extent
of 2a = 5c/ωpe. The spatial resolution is taken to be 50 cells per c/ωpe with
64 particles per cell which corresponds to a grid size of ∆x = 0.02c/ωpe and
time step ∆t = 0.012ω−1pe . A small noise in terms of initial thermal velocity of
vth = 0.0001397c in each of the two electron species has been introduced initially.
Various choices of beam and background electron density have been chosen. In
Fig.2, we have chosen to show the results (evolution of magnetic field as well as
density) for beam electron density of 0.1n0 moving along x̂ with a proper velocity of
0.9c in a central region( from y = 10c/ωpe to y = 15c/ωpe ) i.e., with a transverse
extent of 5c/ωpe. In the same region, a shielding return current along −x̂ of
background electrons with density 0.9n0 has been taken to flow with a proper
velocity of 0.1c. Here, n0 is the density of background ions which are at rest
everywhere. In the remaining region from y = 0 to 10c/ωpe and 15 to 20 c/ωpe

electrons and ions both with density n0 are at rest. Thus, the plasma everywhere is
neutral with electron density balancing the density of background plasma ions. In
the central beam region, the beam current is slightly uncompensated by the return
shielding current. We have also verified these results with other PIC codes EPOCH
and PICPSI. The electromagnetic fluid simulations under LCPFCT framework has
also been carried out by us to validate the above findings.
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4.4.2 Experimetal setup and methodology

The experiments † were carried out using a 20 TW Ti: Sapphire laser. The laser is
capable of delivering 30fs, 800nm pulses at 10Hz. A p-polarized pump laser with
120mJ energy was focussed on an aluminium coated BK7 glass target with an
f/3 off-axis parabola. The resulting peak intensity was 3× 1018W/cm2. A second
harmonic (400nm) probe pulse was time delayed with respect to the pump pulse.
The intensity of probe pulse was adjusted to be 1011W/cm2. A second harmonic
probe can penetrate up to four times the critical density corresponding 800nm

pump radiation.31 A magneto-optic Cotton-Mouton polarimetry set-up30,31 was
utilized to spatially resolve ellipticity. The induced magnetic field is inferred from
the ellipticity data.167 The power spectra have been calculated as per Mondal et.
al.30 and shown to peak at the focal spot of the laser pulse right from the very
beginning.

4.5 Evidences of long scale magnetic field struc-

tures

4.5.1 Simulation results

Snapshots of the evolution at various times have been depicted in Fig.(4.2) in the
form of 2-D color plots for the z component of the magnetic field and the perturbed
charge density respectively. From these plots, it is clearly evident that there are
three distinct phases of evolution. During the first phase from t = 0.12ωpe

−1

to t = 30ωpe
−1 perturbed z component of magnetic field along ẑ (transverse to

both flow and inhomogeneity) appear at the edges with opposite polarity. This
magnetic field has no x dependence and is a function of y alone. The magnetic
field perturbations are seen to grow with time and also expand in y from the edges
in both the directions at the speed of light. The electron density perturbations,
which also appear at the edge, on the other hand, remain confined at the edge
during this phase. This first phase of the evolution thus can be characterized by
the appearance of magnetic field perturbations with variations only along ŷ, the
†Performed by collaborators: Gaurab Chatterjee, Amit D. Lad, and G. Ravindra Kumar,

Tata Institute of Fundamental Research, Mumbai, India
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Figure 4.2: Snapshots of magnetic field B [in the units of (mcωpe/e)] and electron
density evolution in time t [in the unit of ω−1pe ] for asymmetric flow configuration
(i.e. for a finite value of S3) has been depicted (prepared by Vapor [J. Clyne et. al.,
New Journal of Physics, 9, 8, (2007); J. Clyne and M. Rast, Electronic Imaging,
284-295, (2005)]). Case(a) and Case(b) depicts the spatio temporal evolution
of magnetic field Bz and the electron density respectively. At time t = 18.0,
development of only long scale structures (Bz field with the opposite polarity) can
be seen, at t = 30 KH mode at the beam edge and a faint Weibel instability in the
bulk appears.

transverse direction. This fits the analytical description very well. Keeping in
view that the structures do not seem to vary with respect to the x, the 1-D profiles
along y have been shown in Fig.(4.3) for E1x. As predicted theoretically, E1x

shows minimal variation inside the beam region. During the second phase from
t = 30ωpe

−1 the Kelvin Helmholtz (KH) like perturbations appear at the edge of
the current. Around this time one can also observe appearance of faint Weibel
perturbations in the bulk central region. Both the KH and the Weibel mode have
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Figure 4.3: Evolution of E1x profile as a function of y showing the minimal variation
inside the beam region in the beginning in conformity with generation of long scale
magnetic field structures.

variations along both ŷ and x̂ directions.

We have also carried out 3-D simulations and in Fig.(4.4) we show the magnetic
field and density snapshot for a finite beam propagating in the plasma after a
considerably later time in the simulations t = 78.6ωpe

−1 in which both long scale
magnetic field and the Weibel mode can be observed. These observations with
characteristics three phase developments have been repeatedly observed in both
2-D and 3-D studies from a variety of simulations carried out with different PIC
as well as fluid codes.

A comparison of the evolution of the magnetic field spectra for the periodic sys-
tem as well as the finite beam case has been provided at various times in Fig.(4.5).
It is clear from the figure that for the periodic case the peak of spectral power
appears at the electron skin depth scale initially. In this case, the spectral power
only subsequently cascades towards longer scales via inverse cascade mechanism
which is considerably slow. On the other hand, for the finite case, it can be clearly
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Figure 4.4: Snapshots of 3D PIC simulation with OSIRIS (prepared by Vapor
[J. Clyne et. al., New Journal of Physics, 9, 8, (2007); J. Clyne and M. Rast,
Electronic Imaging, 284-295, (2005)]) at time t = 78.6 in the unit of ω−1pe . Subplots
(a) and (b) depict 3D volume rendering of poloidal magnetic field and electron
density respectively. In subplot (c) and (d) the cross sectional view in the r − z
plane have been shown for the magnetic field and the electron density respectively.

observed that the spectral peak appears at the beam size right from the very
beginning.

4.5.2 Experimental results

In laboratory laser plasma experiments the electron beam width would always be
finite, typically commensurate with the dimension of the laser focal spot. Also,
there would typically be a mismatch between the forward and reverse shielding
currents. Thus, evidence for finite beam instability in the laser plasma experi-
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Figure 4.5: Evolution of Magnetic field spectra from PIC simulations with OSIRIS
Case(a) Finite beam-plasma system was considered in simulation. The spectral
maximum is at at the width of the beam right from the beginning; Case(b)-Periodic
box simulations corresponding to infinite beam-plasma system where peak of the
field spectra appears at the electron skin depth due to Weibel mode and the non-
linear cascade towards long scale can be seen to be very slow.

ments should be apparent in experimental data. This is indeed so. The magnetic
field spectra from experiments carried out at the Tata Institute of Fundamental
Research have always shown to be higher at scales much longer than the electron
skin depth even at very early times.30,31 Here in Fig.(6), we have shown a plot of
magnetic field spectra at even earlier times (0.4 pico-seconds) from TIFR exper-
iments. In this case too, the spectrum has a higher value at longer scales. The
details about the experiment has been provided in method section. Thus, exper-
iments provide yet another evidence for the existence of the long scale magnetic
field structures.

The choice of a periodic beam - plasma system considered in earlier studies158 is
based on an inherent assumption that the boundary effects due to the finite system
would merely have a small incremental impact. This assumption, however, turns
out to be incorrect. We have shown with PIC as well as two-fluid simulations that
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Figure 4.6: Power spectrum of magnetic field spatial profile measured at pump-
probe delay of 0.4 picoseconds

when a beam with finite transverse extent is considered, an entirely new mecha-
nism associated with the finite size of the beam appears which generates magnetic
fields at the scale of the beam size right from the very beginning. Secondly, the
sheared electron flow configuration at the two edges of the finite beam is seen to be
susceptible to Kelvin Helmholtz instability.93,94 Weibel appears only in the bulk
region of the beam at a later stage. Thus, there are three sources of the generation
of magnetic fluctuations in a finite beam plasma system - the novel mechanism
of long scale generation via radiative leakage and the KH instability operating
at the edge and the usual Weibel destabilization process occurring in the bulk
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region. The characteristic features of the observation in simulations (both PIC
and fluid [LCPFCT168]) match with the theoretical possibility of growing mode
demonstrated in our analysis. Furthermore, the experimental data30 where the ap-
pearance of magnetic field at the laser spot size (much larger than the skin depth)
at very early stage can only be accounted by this novel mechanism. The conven-
tional Weibel destabilization route of the beam plasma system can never account
for such an effect.

4.6 Conclusion

While the KH and the Weibel modes are well known and have been discussed ex-
tensively in the literature, the FBI has neither been observed nor been described
anywhere. This qualitatively new result arises because the infinite periodic approx-
imation is unable to consider effects due to radiative leakage at the boundaries.
The implications of this particular instability on magnetic field generation need to
be evaluated in different contexts. For instance, it is likely that the finite size jets
emanating from astrophysical objects are susceptible to this particular instability.
This work also suggests that the finite size considerations in many other systems
need to be looked afresh to unravel new effects which might have been overlooked
so far.

Homogeneity and infinite extent are idealizations that permeate all physical
models as they simplify descriptions because of the resulting uniformity and re-
duced dimensionality of the problem. Real systems, however, are finite and devi-
ations from idealization can lead to novel physical effects. This lesson has been
learned in a number of examples from time to time. For instance, the existence of
Casimir effect169,170 leading to attractive force between two plates due to vacuum
fluctuations, einzel lenses171,172 - which enables focussing of charged particles using
fringing fields at capacitor edges, existence of surface plasmon modes173 distinct
from bulk modes, discrete eigen modes in wave - guides etc., are some examples of
finite size boundaries leading to new effects. The present manuscript demonstrates
another outstanding example in this context.
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5
Direct coupling of laser to ions

The possibility of ion heating directly with short pulse, intense lasers has gained
a significant interest in recent years because of their practical applications in a
variety of contexts e.g. fast ignition scheme of laser fusion, proton radiography,
biomedical applications etc.44 Some of the well-known mechanisms in this re-
gard are the RPA (Radiation Pressure Acceleration)50 and TNSA (Target Normal
Sheath Acceleration).51 In this chaper∗, a new mechanism of ion heating with
a p-polarized, pulsed CO2 laser when incident normal to an over-dense plasma
with sharp interface has been shown to be operative in presence of an external
magneto-static field where other conventional laser absorption techniques fail to
work. The external magnetic fields are chosen so as to restrict the electron mo-
tion and the heavier ions be allowed to respond to the laser electric field. The
difference of electron and ion dynamics leads to charge separation and drives large
amplitude ion plasma oscillations resonantly, thereby transferring the laser energy
directly to heat ions ( MeV). The proposed mechanism has been demonstrated by
carrying out Particle-in-Cell (PIC) simulations under OSIRIS 4.0 framework using
parameters for non-relativistic intensities I = 3.46 × 1014W/cm2 (corresponding
to a0 = 0.5) of pulsed CO2 laser for which the requirement of external magnetic
field strength is smaller. Furthermore, the high power, pulsed CO2 laser, because
of its long wavelength (10µm), can deliver same energy (Iλ2) with 1/100 of laser
intensity as compared to conventional solid state femtosecond lasers (λ ∼ 1µm).

∗ Atul Kumar, Chandrasekhar Shukla, Deepa Verma, Amita Das, and Predhiman Kaw,
Plasma Phys. Control. Fusion, in press (2018), https://doi.org/10.1088/1361-6587/ab1408
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5.1 Introduction

The laser absorption into an overdense plasma has always been a topic of great
interest becaues of its practical applications to fast ignition laser fusion,1 gener-
ation of charge particle beams,2,3, 58 bright source of X-rays4,59 and generation of
higher order harmonics5 etc. The conventional methods of an intense, p-polarized
laser absorption in inside an overdense plasma are vaccuum heating, ~J × ~B heat-
ing, resonance absorption, collisonal absorption etc. In collisional absorption
case,103,104 laser energy gets coupled to plasma through collisions mostly between
electrons and ions which leads to plasma heating. However, for high intensity lasers
(∼ I > 1015W/cm2), collisional effects can be neglected.147 For intense femtosec-
ond/picosecond laser pulses, laser absorption is only possible through collisionless
absorption mechanisms viz. ~J × ~B heating, resonance heating, vacuum heating
etc. For highly intense lasers ( ∼ I > 1018W/cm2), relativistic effects becomes
important. At such intensities, for a p-polarized, intense laser incident normal
to a sharp vaccuum plasma interface, absorption can only occur through ~J × ~B

heating.105 The laser absorption through this mechanism is typically small when
non-relativistic laser intensities. In non-relativistic case, vacuum heating106 is the
only mechanism to couple laser energy to the collisionless, sharp interface plasma
with steep density profile. In this case, a p-polarized laser is incident obliquely to
a sharp interface plasma surface such that there is a component of electric field
normal to the plasma surface. This normal component of electric field pulls out
the electron in first half cycle of laser and sends them back inside the plasma with
quiver velocity in its other half cycle. But this mechanism is not efficient when
laser is incident normal to the plasma surface because of the absence any normal
component of electric in this case. However, for an inhomogeneous, collisionless
plasma medium, it is possible to couple laser energy to normal incident laser to
plasma through resonance absorption process.107,174

Laser energy is preferentially absorbed by the lighter electron species of the
plasmas as they respond at the fast laser frequency. The energetic electrons thus
generated are then often employed to heat ions in applications such as fast igni-
tion etc., for creating hot spot in the plasma for ignition. This is a secondary
process to heat ions and consequently somewhat inefficient. The propagation of
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energetic electrons is marred by several instabilities which lead to their divergence
and loss. Moreover, the Rutherford electron -ion collisional cross section to enable
the transfer of energy reduces with increasing electron energy. It is thus desirable
to have laser energy directly coupled to the heavier ion species. In addition there
are also many other applications where ion acceleration/heating is of importance,
e.g. proton radiography, biomedical applications.41–44

The advantages of direct in-situ ion heating/acceleration are many. For in-
stance, there would be (1) Efficient coupling directly to fusion species, viz. back-
ground DT species ; (2) Ions being non relativistic and total current being much
less than Alfven critical current for ions, magnetic fluctuations are expected to
play negligible role in beam transport and beam stopping; (3) Classical collisional
stopping of few MeV ions in dense core will be adequate; (4) Return currents, if
any, will excite electrostatic ion acoustic modes leading to anomalous heating of
the background plasma. Therefore, there is need to look for the possibility of new
absorption mechanisms through which laser energy can directly be transferred to
heavier species of plasma for efficient ion acceleration. This is the prime focus of
our study here.

Some of the well-known mechanisms in this regard are the RPA (Radiation
Pressure Acceleration)50 and TNSA (Target Normal Sheath Acceleration).51We
show here the possibility of direct laser energy coupling to ions by applying an
external magnetic field. The magnetic field amplitude is chosen appropriately so
that the lighter electron species is magnetized at the laser frequency and its motion
is severely restricted. On the other hand, the heavier ions remain unmagnetized.
We choose a low frequency pulsed CO2 laser for this task in our simulations to
reduce the magnetic field requirement by a factor of 10, as compared to the conven-
tional lasers. The other benefit of using CO2 laser is because of its long wavelenth
(10µm), it can deliver same energy (Iλ2) with 1/100 of laser intesity as compared
to conventional solid state femtosecond lasers (λ ∼ 1µm). A 2-D Particle - In -Cell
(PIC) simulations using OSIRIS4.0 was carried out for a CO2 laser incident nor-
mally on an overdense plasma target. The simulations clearly show a development
of charge separation leading to ion plasma oscillations. A clear enhancement of ion
energy in the presence of an external magnetic field has been demonstrated. While
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the special choice of CO2 pulsed laser reduces the magnetic field requirement by a
factor of 10, the short pulsed ensures that the table top set-up is adequate. With
the recent advancements in building short pulse, CO2 lasers102 and the attainment
of magnetic field already of several kilo Tesla in laboratory,25,54,96–101 we believe
that the experimental demonstration of our simulations are within reach in near
future.

5.2 System configuration

Figure 5.1: Schematic [not to the scale] representing charge separation and laser
energy absorption via ~E× ~B drift with pulsed CO2 laser in presence of an external
magnetic field B0z

In Fig.(5.1), we show the schematics of the geometry that has been used by us
for the PIC simulations under OSIRIS-4.0 framework.46,47,176 The 2-D x− y plane
is shown in the figure. The applied magnetic field is along ẑ direction. We have
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considered a system of electrons and ion plasma and chosen for simplicity and faster
simulations, ions to be 25 times heavier than electrons (i.e. mi = 25me, where mi

and me denotes the rest mass of the ion and electron species). For electrons to
be strongly magnetized and ions to remain unmagnetized at the laser frequency,
we have considered the magnetic field strength in such a fashion so as to satisfy
the condition of ωci < ω < ωce, where ω is the laser frequency and ωci and ωce

are ion and electron cyclotron frequencies respectively and ωps =
√

4πn0e2/ms is
the plasma frequency for each species ‘s’. In particular we have chosen ωci = ω/2.
The mass ratio being 25 implies ωce = 12.5ω which also ensures that the electrons
are strongly magnetized. A rectangular geometry of 1809.52 × 30.16µm2 (i.e.
6000c/ωpe × 100c/ωpe) in x − y plane has been chosen for the simulation where
plasma boundary starts from 150.79µm (i.e 500c/ωpe). Thus there is vacuum
between 0 and 150.79µm. The plasma density (n0 = 3.19 × 1020cm−3) is chosen
such that the laser frequency ω = ωpi resonates with the ion plasma frequency. The
plasma density is chosen to be at the critical ion density and ωce = 2.5ωpe. Here ωpe
is the electron plasma frequency. The spatial resolution chosen in the simulation
is 10 cells per electron skin depth (0.3016µm) with 64 particles per cell for each
species corresponding to a grid size ∆x = 0.03016µm and time step ∆t = 0.07fs.
The boundary conditions for electromagnetic fields and particles are periodic in ŷ
direction and absorbing in x̂ direction. A p-polarized, plane X-mode CO2 short
pulse laser of wavelength 10µm, is incident from the left boundary at a sharp
plasma surface at critical density along x̂ direction. A CO2 laser pulse of intensity
I = 3.46× 1014W/cm2 having Gaussian profile in time has been considered in the
simulation with a rise and fall time of 204.6217fs each (Here 1.0ω−1pe ∼ 1fs). A
uniform and static external magnetic field of B0 = 14.13 kilo-Tesla in transverse
direction (ẑ direction) has been applied in the system.

5.3 Results and Analysis

It is well known that a p -polarised laser incident normally over the sharp plasma
interface in an unmagnetized plasma would not be able to dump its energy to the
plasma through the well known conventional mechanisms (e.g. resonance absorp-
tion,107 Brunel mechanism,106 ~J × ~B heating,105 collisional absorption,103,104,147
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Figure 5.2: Laser energy evolution (red curve with square) and evolution of kinetic
energy of plasma species viz. ions (blue solid curve with triangles) and electrons
(blue solid line with red circles) via ~E× ~B drift with pulsed CO2 laser in presence
of an external magnetic field B0z

etc.). However, when a strong magnetic field is applied so as to restrict the mo-
tion of electrons and ions be allowed to move.the laser energy has been observed
to get absorbed significantly (∼ 10%) to heavier species in overdense plasma with
sharp interface This has been confirmed in Fig.(5.2) where we have shown the laser
energy evolution (red curve with square) of laser along with the kinetic energy evo-
lution of plasma species viz. electrons (blue solid line with red circles) and ions
(blue solid curve with triangles). It is evident from Fig.(5.2) that when there is
no external magnetic field B0z, the laser energy absorbed into the ions is less than

82



Chapter 5. Direct coupling of laser to ions

1% as expected. Electrons, in this case, take very small fraction of laser energy
which less 4% and ions remains immobile. However, in presence of strong external
magnetic field, the ions have gained around 10% of the laser energy at very early
times. We have tabulated the above results which has been shown in Table-I.

TABLE I: Laser energy absorption into plasma species

Laser energy absorption (a) Without B0z (in %) (b) With B0z (in %)
Ions 0.97 8.34

Electrons 3.57 0.22
Electrons + ions 4.54 8.56

It is thus clear that not only the laser energy absorption has been increased in
presence of the external magnetic field which ultimately leads to an irreversible
transfer of the laser energy directly to ions species in plasma. Here, ions have
gained significant amount of laser energy i.e. ∼ 10% while electrons remain tied
to the strong magnetic field lines. The subplots in Fig.(5.3) show the ion (red
line with dots) and electron density (blue lines) profiles at two different times
t = 353.5fs and t = 707fs. The electron and ion densities for simulations carried
out without the application of external magnetic field (termed as the case (a) shown
in left sub-plots) and in the presence of magnetic field (termed as the case (b)
shown in in right sub-plots) can be observed in the figure. The contrast between
the two set of simulations is clearly evident. The space charge separation gets
created in the case(b) leading to ion plasma oscillations. Furthermore, it can be
observed from Fig.(5.4) that laser creates definite B field disturbances in the case
(b) whereas in the case (a) such disturbances are absent. To investigate further
whether this irreversible transfer of laser energy to ions is indeed cause heating, we
have looked into the particle distributions in momentum space shown in Fig.(5.5)
where the different circles corresponds to energy circles of 0.02MeV (magenta),
0.125MeV (green) and 0.5MeV (red). It is evident from Fig.(5.5) that in the case
(a) when there is no external magnetic field applied in the system, the laser energy
absorption by ions is negligible. The electrons acquire a tiny amount of energy
which lies within the energy circle of 0.125MeV . However, in the case (b), because
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Figure 5.3: Temporal evolution of electron and ions density fluctuations with re-
spect to x and averaged over ŷ direction (a) without magnetic field and (b) with
magnetic field . Charge separation between two species, electrons and ions are
clearly evident in right two sub-plots in presence of a transverse external magnetic
field, B0z

of the different ~E× ~B drifts of the electrons and ions, laser energy absorption by ions
is significantly high and crosses well beyond the the energy circle of 0.5MeV .This
isotropic distribution of particles in momentum space further confirms that this
irreversible transfer of laser energy has caused heating in ions as shown in Fig.(ch4-
fig4). This further confirmed in another diagnostics:Energy acquired by the species
vs. species count as shown Fig.(5.6). Here also, the energy acquired by the ions
in presence of strong magnetic field at initial stages of the simulations is very high
as compared to the case when there is no magnetic field applied to the system.

Thus, it is evident from the above PIC simulation results that the presence of
an external magnetic field can bind the electrons to the field lines and thereby,
an irreversible and direct transfer of CO2 laser energy (upto 10%) to heavier ion
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Figure 5.4: Temporal evolution of transverse magnetic field Bz with respect to x
and averaged over ŷ direction (a) without magnetic field and (b) with magnetic
field. It is obvious from the left two sub-plots that laser gets totally reflected back
in absence of an external magnetic field B0z

species in plasma can happen. One possible mechanism that can lead to the
charge separation between the electrons and ions can be the ~E × ~B drift that
acts differently on magnetized and unmagnetized species in plasma. Actually the
presence of external magnetic field along with the condition of ωci < ω < ωce

invokes a different ~E × ~B response between the two species, which is provided by

V ~E× ~B,s =
ω2
cs

ω2
cs − ω2

~E(t)× ~B0

B2
0

(5.1)

The average drift for the two species is in opposite direction,175 creating charge
separation. Here V ~E× ~B,s is the ~E × ~B drift velocities of the species ‘s’ where ‘s’
stands for electrons (e) and ions (i). Here ~B0 is the applied magnetic field and ~E(t)

is the laser electric field. Also ωcs is the gyro-frequency of the species s = [i, e] and
ω is the laser frequency. The charge separation thus created triggers can further
leads to ion plasma oscillations in the system and can give rise to a new absorption
mechanism wherein the laser energy can be also directly coupled to ions. However,
this needs to be investigated further in detail.
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Figure 5.5: Temporal evolution of particles (electrons and ions) distributions in
momentum species (a) without a magnetic field and (b) with magnetic field. It is
obvious from the left two sub-plots that laser energy does not get absorbed by ions
when there is no any external magnetic field B0z and a slight heating in electrons
is observed. However, in presence of a transverse external magnetic field, laser
energy gets coupled to heavier ion species in the plasma, leading to a significant
heating in ion species.
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Figure 5.6: Temporal evolution of electrons and ions count from the simulation
showing that the ions are accelerated significantly whereas the electrons motion is
restricted when there is an applied external magnetic field in the system
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5.4 Conclusions

In conclusion, we would like to state that CO2 lasers till now have been considered
as efficient industrial lasers in the market for continuous wave (CW) and relatively
long pulse applications.86,177,178 The short pulse CO2 lasers are now available102

but still they have not been as widely explored in the sub-nano or pico second
domain. We demonstrate, with the help of PIC simulations, here as well as in a
series of papers,174 the immense possibilities that short pulse CO2 lasers offer for
physics explorations. In particular, here we have demonstrated the possibility of
directly coupling of laser energy to the heavier ion species in the presence of an
ambient magnetic field. We have, thereby, explored the ion dynamics dominated
phenomena. The ion plasma oscillations were observed. Furthermore, ion heating
up to 0.5MeV has been observed also.
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6
Direct coupling of laser to ions:

Magnetosonic excitations

In previous chapter, we proposed a new absorption technique through which laser
energy (3.46× 1014Wcm−2µm2) even in non relativistic range where other conven-
tional absorption techniques fail to work, can be directly coupled to heavier ion
species in plasma. Ion plasma oscillations have also been shown to be excited via
this new absorption technique. In this chapter ∗, it has been shown that at higher
amplitude, the ion disturbances form magnetosonic solitons. A 2-D Particle - In -
Cell (PIC) simulations for an incident laser beam normal to an overdense plasma
target in the presence of an external magnetic field has been carried out. The
external magnetic field has to be chosen such that the heavier ions remain unmag-
netized but the lighter electron species get magnetized at the laser frequency. For
conventional lasers of ∼ 1µm wavelengths, the magnetic field requirement satisfy-
ing the aforementioned condition turns out to be of the order of several hundreds
of kilo Tesla. This requirement goes down by one order if pulsed CO2 lasers with
wavelengths of ∼ 10µm are employed. At present magnetic fields of several kilo
Tesla have already been generated in the laboratory. It is thus only a matter of
time when a factor of 10 enhancement in the magnetic field will bring the parame-
ters in the right regime for experiments to test the new mechanism put forth here
with pulsed CO2 lasers. Keeping this in view, the simulations have been carried
out for the pulsed CO2 laser parameters with intensity I = 7× 1017W/cm2 (corre-

∗ Atul Kumar, Chandrasekhar Shukla, Deepa Verma, Amita Das, and Predhiman
Kaw,Plasma Phys. Control. Fusion, in press (2018), https://doi.org/10.1088/1361-6587/ab1408
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sponding to a0 = 7.0 i.e. for relativistic laser intensities). The high power, pulsed
CO2 laser, because of its long wavelength (10µm), can deliver same energy (Iλ2)
with 1/100 of laser intensity as compared to conventional solid state femtosecond
lasers (λ ∼ 1µm). For the choice of this laser intensity, it has been shwon that the
relativistic ~J × ~B absorption gets enhanced due to the ~E × ~B drift of the plasma
species. Furthermore, it is shown that at a higher intensity of the laser, the ion
disturbances acquire higher amplitude to excite Korteweg - de Vries (KdV) magne-
tosonic solitons. The solitons, as expected, propagate stably for several thousands
of ion plasma periods. However, subsequently, they are seen to develop transverse
modulations which grow with time.

6.1 Introduction

In general the conventional short pulse lasers are known to interact with the lighter
electron species of the plasma. Therefore, the laser energy absorption through vari-
ous mechanisms (resonance absorption,107 Brunel mechanism,106 ~J × ~B heating,105

collisional absorption,103,104,147 etc. ) transfer energy to electrons. The plasma
modes excited by lasers are thus also typically dominated by electron dynamics,
wherein ions merely play the role of a stationary neutralizing background. The
energy transfer, if any to ions, occurs later and is mediated by the electrons. We
show here the possibility of direct laser energy coupling to ions by applying an ex-
ternal magnetic field. The magnetic field amplitude is chosen appropriately so that
the lighter electron species is magnetized at the laser frequency and its motion is
severely restricted. On the other hand, the heavier ions remain unmagnetized. We
choose a low frequency pulsed CO2 laser for this task in our simulations to reduce
the magnetic field requirement by a factor of 10, as compared to the conventional
lasers. The other benefit of using CO2 laser is because of its long wavelength
(10µm), it can deliver same energy (Iλ2) with 1/100 of laser intesity as compared
to conventional solid state femtosecond lasers (λ ∼ 1µm). A 2-D Particle - In
-Cell (PIC) simulations using OSIRIS4.0 was carried out for a CO2 laser incident
normally on an overdense plasma target. In the previous chapter, Ch.(5), devel-
opment of charge separation leading to ion plasma oscillations has been shown in
detail. A clear enhancement of ion energy in the presence of an external magnetic
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field has been demonstrated. Furthermore, when the laser intensity is increased,
ion plasma disturbances become nonlinear and the formation of a series coherent
structures has been observed. It is shown in this chapter that these structures are
essentially the KdV Magnetosonic solitons.

The solitons are nonlinear coherent structures and are well known for their
robustness and the characteristic property of preserving their shape as they propa-
gate in any medium. The generation of soliton in plasma and their role in formation
of collisionless shock waves have attracted a significant amount of interest in recent
years in a variety of contexts like astrophysics,179–183 solar and space physics,184,185

laboratory plasma experiments186–188 etc. They play a key role in charged particle
acceleration and plasma heating.182,189–194 In the presence of an external magnetic
field, soliton propagation with magnetosonic/Alfven speed in plasma have been
predicted. They are termed as magnetosonic solitons.195–197 Such structures have
been observed in the Earth’s magnetosphere by cluster space crafts198 etc. They
are also believed to be present in pulsar wind, neutral star and the core of active
galactic nuclei where the propagation speed is often relativistic.199,200 A number
of studies in the context of short pulse lasers interacting with plasmas in labora-
tories have shown the formation of coherent solitonic structures involving electron
species only as in these cases the laser usually interacts directly with the lighter
electron species. In astrophysical context, however, the ion involvement is dom-
inant. Often the question is posed about the possibility of utilizing short pulse
lasers for replicating astrophysical phenomena. Here we illustrate the possibility
of observing KdV solitons with such short pulse lasers.

Our studies illustrate that it is possible to excite linear oscillation as well as
nonlinear solitonic structure, both dominated by the dynamics of the heavier ion
species. This has been achieved by applying an external magnetic field of appropri-
ate magnitude wherein the lighter electron species gets magnetized and the heavier
ion component remains unmagnetized at the laser frequency. In our simulations
we employ short pulse CO2 lasers. While the special choice of CO2 pulsed laser
reduces the magnetic field requirement by a factor of 10, the short pulsed ensures
that the table top setup is adequate. With the recent advancements in building
short pulse, CO2 lasers102 and the attainment of magnetic field already of several
kilo Tesla in laboratory,25,54,96–101 we believe that the experimental demonstration
of our simulations are within reach in near future.
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6.2 Thoery of magnetosonic soliton in a cold plasma

The solitons are coherent solutions of nonlinear equations like Korteweg-de-Vries201

equation, Klein-Gordon equation,202 nonlinear Schrodinger equation etc.203,204 The
MS solitons are the KdV solitons201 which propagates with the magnetosonic speed
perpendicular to the external magnetic field. Here, we have considered a 2D system
consisting of electrons and ions. A strong magnetic field B0 has been applied along
ẑ direction such that electrons are strongly magnetized while ions still remain un-
magnetized. The wave vector ~k of the p-polarized, X-mode CO2 laser is considered
along x̂ direction (i.e. wave vector of laser, ~k = kx̂ and ∂/∂y = ∂/∂z = 0.). Under
these assumptions, continuity equation can be written as:

∂

∂t
ns +

∂

∂x
(nsvsx) = 0 (6.1)

The momentum equation for each species in in x̂ and ŷ direction is expressed as:

ms

(
∂

∂t
+ vsx

∂

∂x

)
vsx = qs(Ex + vsyBz) (6.2)

ms

(
∂

∂t
+ vsx

∂

∂x

)
vsy = qs(Ey − vsxBz) (6.3)

Similarly, Faraday’s law and Amperes’s law for an electromagnetic wave can also
be written as:

∂

∂t
Bz = − ∂

∂x
Ey (6.4)

∂

∂x
Bz = −4π

c

∑
s=e,i

(nsvsy) (6.5)

Here, subscript ‘s’ stands for electron and ion species, qs and ms is the charge and
mass of each species respectively, vsx and vsy represents the velocities of each species
in x̂ and ŷ directions respectively. Similarly, Ex and Ey are the perturbed electric
fields in x̂ and ŷ directions respectively, and Bz is the perturbed magnetic field
in ẑ direction. We use the normalizations, x = x

c/ωpe
, t = t

c/vAωpe
,vsα = vsα/vA,

n = n
n0
, Bz = Bz/B0 and Eα = Eα

(vAB0)
where α stands for x̂ and ŷ directions,

vA = ωci/ωpic is the Alfven velocity with ωci = eB0/mic is the ion cyclotron
frequency, ωps =

√
4πn0e2/ms is the plasma frequency for each species. Eqs. (6.1,
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6.2, 6.3, 6.12 and 6.13) can then be solved using reductive-perturbative method205

using the above normalization can be written as follows:

∂

∂t
ne +

∂

∂x
(nevex) = 0 (6.6)

∂

∂t
ni +

∂

∂x
(nivix) = 0 (6.7)(

∂

∂t
+ vex

∂

∂x

)
vex = −η−1(Ex + veyBz) (6.8)(

∂

∂t
+ vix

∂

∂x

)
vex = η(Ex + viyBz) (6.9)(

∂

∂t
+ vey

∂

∂x

)
vey = −η−1(Ey − veyBz) (6.10)(

∂

∂t
+ viy

∂

∂x

)
viy = η(Ey − viyBz) (6.11)

∂

∂t
Bz = − ∂

∂x
Ey (6.12)

∂

∂x
Bz = −η(niviy − nevey) (6.13)

with η = (me/mi)
1/2 the square root of the mass ratio. We now use transformed

coordinates

ξ = ε1/2(x− t) (6.14)

τ = ε3/2t (6.15)

such that
∂(·)
∂x
→ ε1/2

∂(·)
∂ξ

(6.16)

∂(·)
∂t
→ −ε1/2∂(·)

∂ξ
+ ε3/2

∂(·)
∂τ

(6.17)

Using the above transformtions, we can expand the plasma variables as,

Bz = 1 + εB1z + ε2B2z + · · · (6.18)

ni = 1 + εn1i + ε2n2i + · · · (6.19)
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ne = 1 + εn1e + ε2n2e + · · · (6.20)

vex = 1 + εv1ex + ε2v2ex + · · · (6.21)

vix = 1 + εv1ix + ε2v2ix + · · · (6.22)

Ey = 1 + εE1y + ε2E2y + · · · (6.23)

Ex = η−1(ε3/2E1x + ε5/2E2x + · · · ) (6.24)

vey = η−1(ε3/2v1ey + ε5/2v2ey + · · · ) (6.25)

viy = η−1(ε3/2v1iy + ε5/2v2iy + · · · ) (6.26)

Substituting the above equations 6.18 - 6.26 into equations 6.6 - 6.13, we obtain:

ε3/2
[
− ∂n1e

∂ξ
+
∂v1ex
∂ξ

]
+ ε5/2

[
− ∂n2e

∂ξ
+
∂n1e

∂τ
+
∂v2ex
∂ξ

+
n1ev1ex
∂ξ

]
+ · · · = 0 (6.27)

ε3/2
[
− ∂n1i

∂ξ
+
∂v1ix
∂ξ

]
+ ε5/2

[
− ∂n2i

∂ξ
+
∂n1i

∂τ
+
∂v2ix
∂ξ

+
n1iv1ex
∂ξ

]
+ · · · = 0 (6.28)

η−2ε3/2[E1x + v1ey] + η−2ε5/2[E2x + v2ey + v1eyB1z] + · · · = 0 (6.29)

ε3/2
[
∂v1ix
∂ξ

+ E1x + v1iy

]
+

[
∂v2ix
∂ξ
− ∂v1ix

∂τ
− v1ix

∂v1ix
∂ξ

+ E2x + v2iy + v1iyB1z

]
+ · · · = 0

(6.30)

η−1ε[E1y − v1ex] + η−1ε2
[
∂v1ey
∂ξ

+ E2y − v2ex − v1exB1z

]
+ · · · = 0 (6.31)

η−1ε2
∂v1iy
∂ξ

+ η−1ε3
[
v2iy
∂ξ
− ∂v1iy

∂τ
− v1ix

∂v1iy
∂ξ

]
+ ηε[E1y − v1ix]

+ηε2[E2y − v2ix − v1ixB1z] + · · · = 0

(6.32)

ε3/2
[
− ∂B1z

∂ξ
+
∂E1y

∂ξ

]
+ ε5/2

[
− ∂B2z

∂ξ
+
∂B1z

∂τ
+
∂E2y

∂ξ

]
+ · · · = 0 (6.33)

ε3/2
[
∂B1z

∂ξ
+v1ix−v1ex

]
+ε5/2

[
B2z

∂ξ
+n1iv1ix−n1ev1ex+v2ix−v1ex

]
+ · · · = 0 (6.34)

It is evident from the lowest order terms in Eqs. (6.27- 6.34) that n1e = v1ex =

E1y = B1z and n1i = v1ix. Furthermore, for η � ε � 1 for lowest order terms in
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Eqs. (6.27- 6.34), we obtain:
v1iy = 0 (6.35)

v1ix = B1z (6.36)

v1ey = −Ex =
∂B1z

∂ξ
(6.37)

The ε and ε2 terms in the expansion of Ampere’s law along the x direction gives
v1ex = v1ix and v2ex = v2ix. Substituting these results into the O(ε5/2) term of
Eq.(6.30) yeilds:

B1z

∂τ
− ∂v2ex

∂ξ
+

1

2

∂(B1z)
2

∂ξ
− E2x = 0 (6.38)

Eqs.(6.38), together with the O(η−2ε5/2) terms in Eq.(6.29), the O(η−1ε2) term is
Eq.(6.31), the O(ε5/2) term in Eq.(6.33) and, the O(ε5/2) term in Eq.(6.34) are
then used to eliminate second order coefficients v2ex, v2ey, E2x, E2y and B2z to
obtain the evolution equation for B1z which has a KdV form for the perturbed
magnetic field along ẑ-direction,

∂B1z

∂t
+

3

2
B1z

∂B1z

∂ξ
+

1

2

∂3B1z

∂ξ3
= 0 (6.39)

The general solution to the Eq.( 6.39) can also be written as:

B1z = ε sech2
[√

ε

2

(
ξ − ε

2
τ

)]
(6.40)

Similarily, the electric fields Ex(electrostatic component) and Ey (electromagnetic
component) can be expressed as:

Ex = (me/mi)
−1
[
ε3/2 sech2

(√
ε

2
[x− t(1− ε/2)]

)
× tanh

(√
ε

2
[x− t(1− ε/2)]

)
+O(ε5/2)

(6.41)

Ey = ε sech2
(√

ε

2
[x− t(1− ε/2)]

)
+O(ε2) (6.42)

Furthermore, these magnetosonic solitons are quasi-neutral with ne ∼ ni, both
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having the secant hyperbolic profile in space and can be expressed as:

n = ne = ni = 1 + ε sech2
(√

ε

2
[x− t(1− ε/2)]

)
+O(ε2) (6.43)

These structures propagate typically with the Alfvén speed vA in cold magnetized
plasma case as can be seen by writing the solution Eq.( 6.39) in dimensionless
form.

n(x, t) = n0

[
1 + ε sech2

(
ωpe
2c

√
ε[x− vAt(1− ε/2)]

)
+O(ε2)

]
(6.44)

6.3 System configuration

 
 

Figure 6.1: Schematic (not to the scale) which shows the system configuration for
the excitation of magnetosonic KdV solitons with pulsed CO2 laser in presence of
an external magnetic field B0z

In Fig.(6.1), we show the schematics of the geometry that has been used by us
for the PIC simulations under OSIRIS-4.0 framework.46,47,176 The 2-D x− y plane
is shown in the figure. The applied magnetic field is along ẑ direction. We have
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considered a system of electrons and ion plasma and chosen for simplicity and faster
simulations, ions to be 25 times heavier than electrons (i.e. mi = 25me, where mi

and me denotes the rest mass of the ion and electron species). For electrons to
be strongly magnetized and ions to remain unmagnetized at the laser frequency,
we have considered the magnetic field strength in such a fashion so as to satisfy
the condition of ωci < ω < ωce, where ω is the laser frequency and ωci and ωce

are ion and electron cyclotron frequencies respectively and ωps =
√

4πn0e2/ms is
the plasma frequency for each species ‘s’. In particular we have chosen ωci = ω/2.
The mass ratio being 25 implies ωce = 12.5ω which also ensures that the electrons
are strongly magnetized. A rectangular geometry of 1809.52 × 30.16µm2 (i.e.
6000c/ωpe × 100c/ωpe) in x − y plane has been chosen for the simulation where
plasma boundary starts from 150.79µm (i.e 500c/ωpe). Thus there is vacuum
between 0 and 150.79µm. The plasma density (n0 = 3.19 × 1020cm−3) is chosen
such that the laser frequency ω = ωpi resonates with the ion plasma frequency.
The plasma density is chosen to be at the critical ion density and ωce = 2.5ωpe.
Here ωpe is the electron plasma frequency. The spatial resolution chosen in the
simulation is 10 cells per electron skin depth (0.3016µm) with 64 particles per
cell for each species corresponding to a grid size ∆x = 0.03016µm and time step
∆t = 0.07fs. The boundary conditions for electromagnetic fields and particles are
periodic in ŷ direction and absorbing in x̂ direction. A p-polarized, plane X-mode
CO2 short pulse laser of wavelength 10µm, is incident from the left boundary at
a sharp plasma surface at critical density along x̂ direction. A CO2 laser pulse
with a higher intensity, I = 7.0 × 1017W/cm2 having gaussian profile in time has
been considered in the simulation with a rise and fall time of 204.6217fs each
(Here 1.0ω−1pe ∼ 1fs). A uniform and static external magnetic field of B0 = 14.13

kilo-Tesla in transverse direction (ẑ direction) has been applied in the system.

6.4 Results and analysis

When the intensity of laser is increased e.g. for a choice of intensity, I = 7 ×
1017W/cm2, we observe the formation of magnetosonic solitons. The laser inten-
sity being high, the amplitude of electron-ion separation increases as the ~E × ~B

drift is higher. However, for this intensity the electron quiver motion can be rel-
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Figure 6.2: Temporal evolution of plasma current with respect to x and averaged
over ŷ direction (a) without magnetic field and (b) with magnetic field. it is clear
from the left and right subplots that a significant amount of plasma current is
generated when there is an external magnetic field and for higher intensities of
CO2 laser. Even when laser intensity is relativistic, the plasma current generated
by ~J × ~B heating mechanism is negligible in absence of the external magnetic field

ativistic and one may also expect the ~J × ~B heating mechanism to be operative
for absorption. We have plotted the current density for the two cases of (a) and
(b) in Fig.(6.2). The amplitude of current density perturbation is much weaker
in the case (a) when compared to the case (b). The electrostatic disturbances
thus created are clearly observed to be enhanced. It can also be observed from
Fig.(6.2) that the high amplitude laser pulse triggers a large amplitude ion plasma
disturbance.

This disturbance ultimately breaks in three pulses and propagate reasonably
stably inside the plasma. This coherent structure formation and its stable propa-
gation is observed in all the fields, namely the ion density (ni), magnetic field Bz,
transverse electric field Ey and electron density (ne) (see Fig.(6.3), Fig. (6.4) and
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Figure 6.3: Temporal evolution of the ion density with respect to x and averaged
over ŷ direction where three solitary structures A, B, and C are shown for higher
intensities of pulsed CO2 laser.

Fig. (6.5) respectively ).

The three pulses termed as (A, B and C ), in all these fields are observed to
arrange in increasing amplitude with time in a straight line. This is a characteristic
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Figure 6.4: Temporal evolution of the perturbed electromagnetic fields Bz and Ey
corresponding to the magnetosonic KdV solitons with respect to x and averaged
over ŷ direction
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Figure 6.5: Temporal evolution of the electron density ne and electrostatic field
Ex with respect to x and averaged over ŷ direction.
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feature of the KdV solitons that seems to get formed in this case as we show now.
The higher amplitude solitons travel faster and are able to overtake the lower
amplitude solitonic structures. It is for this reason the three pulses shown in
Figs.(6.3-6.4) termed as (A, B and C ), are observed to arrange one ahead of other
in increasing amplitude forming a straight line. The propagation speed of these
solitons are thus very close to the Alfvén speed in a cold magnetized plasma. We
measured the propagation speed of these solitonic structures from our simulations
and found them to be vsim,A = 0.4653c, vsim,B = 0.4795c, and vsim,C = 0.4950c

for the three structures A, B, and C respectively. These propagation speed match
closely with the Alfvén speed of the medium which is vA = (me/mi)

1/2ωce/ωpe =

0.5c for our choice of parameters of the medium. The unaltered stable propagation
of the three structures for a long time, several thousands of ion plasma periods also
suggest that the structures are solitons.

The KdV solitons201 also have an interesting property that for solitons with
different amplitudes a their width L vary in such a fashion so as to have aL2 as
constant. We have evaluated the same for the three structures observed in the
simulation at various time and have shown it in TABLE I.

TABLE I
The parameter aL2 changes very little in simulations and essentially remains

constant for the observed magnetosonic KdV solitons A, B and C. The
percentage variation in a is 61.05% L2 is 65.39% but aL2 only varies by 15.46%

in the data shown below.

Soliton t(fs) a(δni/n0) L(×0.3016µm) aL2

2771.44 0.148 17.0 42.77
A 3478.44 0.149 16.5 43.06

4185.44 0.148 17.0 42.77
2771.44 0.266 13.0 44.95

B 3478.44 0.266 12.7 42.90
4185.44 0.265 13.0 44.78
2771.44 0.380 10 38.00

C 3478.44 0.380 10 38.00
4185.44 0.378 10.2 38.32
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It is clear from the TABLE I that despite considerable difference in the am-
plitudes and width of the three solitons, the parameter aL2 remains relatively
unaltered. While the amplitude a of the different solitons differ by as much as
61.05%, and the square of the width L2 by 65.39%; the variation in aL2 in the
observations is only about 15.46%. This clearly suggests that the structures which
have formed in the simulations are essentially KdV solitons. The slight variations
occur as the conditions of the medium changes with time and the KdV solitons
are essentially approximate solutions in the small amplitude reductive perturbative
expansion limit of the full set of MHD equations in the weakly dispersive, nonlinear
regime. Our studies, therefore, confirm that the magnetosonic KdV solitons can
be excited in a laboratory by using pulsed CO2 lasers along with an externally
applied magnetic field. Fig.(6.6) shows the 1D plot of ion density with different

Figure 6.6: 1D plot Ion density with respect to x and averaged over ŷ direction. It
is evident from this plot that magnetosonic solitons do get excited with different
mass ratios.

ion to electron mass rations (mi/me = 50, 100). It has been observe that in these
cases too, the solitonic structure gets excited. However, the number of solitons ex-
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cited get reduced with increasing mass ratio. This is so because higher amplitude
disturbances lead to the nonlinear soliton formation. With increasing mass ratio
the required laser intensity needs to be increased to disturb the ions strongly at
similar intensity then the number of solitons gets reduced.

Our simulations being carried out in 2-D, we observe that the solitonic struc-
tures which are of 1-D nature, after a long time (∼ 400 ion plasma periods) trans-
verse modulations in the other direction are observed. These modulations are
observed to increase with time as shown in Fig. (6.7), signifying a development of
an instability and ultimately seem to form transverse modulational structures.

Figure 6.7: Surface plot of the ion charge density. Transverse filamentation of each
peak of the ion charge density of the magnetosonic KdV soliton is quite evident
from this figure. It has been shown that at t = 1696.8fs, transverse filamentation
starts and it continues to grow with time

6.5 Conclusion

In conclusion, we have demonstrated in this work that how next-generation pulsed
CO2 laser can be further utilized to excite magnetosonic solitons laboratory laser-
plasma experiments for higher intensities. These are solitary structures found to
propagate stably upto several thousands of ion plasma periods. It has been shown
with the help of 2-D PIC simulations that these solitons in higher dimensions
show density modulations which grows further grows with time. Furthermore, it
has been shown that the density fluctuation with respect to the background plasma
and the number of solitary pulses that gets excited depend on the laser intensity.
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With the recent advent of high power, pulsed CO2 laser and magnetic field upto
10KT , ion dominated phenomena are ready to be tested in laboratory in near
future.
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7
Conclusion and future scope

With the advancement of laser technologies, several newer regimes of physics
exploration concerning fast ignition laser fusion,1 generation of charged particle
beams,2,3 bright source of X-rays4 and Gamma-ray flashes and generation of higher
order harmonics,5 promising source of positron emitters for PET (positron emis-
sion tomography),6 cosmic accelerations (ultra-high energy cosmic rays)7 etc. have
become a topic of prime importance.

In the present thesis, theoretical and numerical investigations using the Particle-
in-Cell code OSIRIS-4.0 have been carried out to understand the laser generated
electron beam propagation inside the plasma and possibility of new absorption
techniques based on pulsed CO2 laser for direct ion accelerations. In the preceding
chapters, the detail descriptions of some of the studies carried out by us have been
presented. We briefly provide a summary of the major findings of the thesis here.
The future scope of work has also been identified.

7.1 Main results of this thesis

7.1.1 Energy principle for beam plasma system instabilities

The energy principle utilizes the energy cost associated with the perturbed equilib-
ria to ascertain whether the growth of a particular mode is energetically favourable
or not. This technique often provides an interesting physical insight and has been
extensively employed in the context of plasma systems governed by Magnetohy-
drodynamics. Recently, it has been invoked for understanding the electrostatic
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two stream instability.
In this study, we have shown that an energy principle argument can be put

forth for the electromagnetic Weibel mode in the context of beam plasma system.
The perturbations in linear regime provide both positive and negative energy con-
tributions in the system. This is essential for the instability, as for conservative
system the total energy of the system is constant. The system should allow the
possibility of the growth of perturbations without any additional cost of energy.
This can happen only when the perturbations merely transfer energy from one
form to another. Thus causing one form of energy to grow at the cost of another.
For the beam filamentation instability, the electromagnetic field energy in the per-
turbed state grows at the cost of kinetic energy of the equilibrium flow. We have
identified S4 =

∑
α
n0αv20α
n0γ0α

as the coefficient of the negative energy contributing
term and is crucial for the instability. We have also shown that a finite value of
S3 =

∑
α
n0αv0α
n0γ0α

is responsible for generating the electric field transverse to the flow
profile and in fact, costs energy. It is clear that S3 is finite only in the relativistic
case and for the case when the flow profile is asymmetric (beam and background
plasma have different densities). The finite value of S3 suppresses the filamen-
tation mode. This has been verified by comparing the growth rates for various
cases in this manuscript. For instance, it has been shown that for a constant value
of S4 the growth rate is maximum for |S3| = 0 and reduces monotonically with
increasing value of |S3|. We have also carried out 2-D PIC simulations to illustrate
the difference between symmetric and asymmetric flow configurations. We have
chosen two flow parameters for which S4 is same. The value of S3 is zero for one
case and is finite for the other case corresponding to symmetric and asymmetric
configurations respectively. We have observed that even in the presence of 2-D
perturbations (permitted by the 2-D PIC simulations carried out by us) the sym-
metric case has higher growth rate. Furthermore, the nonlinear saturation level of
the perturbed magnetic field is also observed to be higher for the symmetric flow
configuration.

7.1.2 Nonlinear regime of beam plasma instability

The relativistic electron beam (REB) propagation in plasma is fraught with beam
plasma instabilities. The prominent amongst them is the collisionless Weibel desta-
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bilization which spatially separates the forward propagating REB and the return
shielding currents. This results in the formation of REB current filaments which
are typically of the size of electron skin depth during the linear stage of the insta-
bility. It has been observed that in the nonlinear stage the filaments size increases
as they merge with each other. With the help of 2-D PIC simulations in the plane
perpendicular to the REB propagation, it is shown that these mergers occur in
two distinct nonlinear phases. In the first phase, the total magnetic energy in-
creases. Subsequently, however, during the second phase, one observes a reduction
in magnetic energy. It is shown that the transition from one nonlinear regime to
another occurs when the typical current associated with individual filaments hits
the Alfvén threshold. In the second nonlinear regime, therefore, the filaments can
no longer permit any increase in current. Magnetic reconnection events then dis-
sipate the excess current (and its associated magnetic energy) that would result
from a merger process leading to the generation of energetic electrons jets in the
perpendicular plane. At later times when there are only few filaments left the indi-
vidual reconnection events can be clearly identified. It is observed that in between
such events the magnetic energy remains constant and shows a sudden drop as and
when two filaments merge. The electron jets released in these reconnection events
are thus responsible for the transverse heating which has been mentioned in some
previous studies

7.1.3 Effect of finite beam size and initial current

The all pervading and often enigmatic presence of the magnetic field in many
natural phenomena has aroused great curiosity and spawned many efforts to un-
derstand its generation. In this chapter, we propose, simulate and experimentally
demonstrate a new mechanism of long scale magnetic field generation in the con-
text of laser plasma interaction. The mechanism relies on two realistic features
which have been totally ignored in previous studies. These relate to the finite size
of the laser generated electron beam and an initial current imbalance which would
typically be present when energetic electrons push itself in a plasma medium. It
is shown that magnetic fields of much longer scale lengths (comparable to the
transverse beam dimension) get generated much before the conventional Weibel
and Kelvin Helmholtz instabilities associated with the beam plasma system set in.
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This happens as a result of a radiative leakage at the boundaries of the finite beam
wherein even a small but finite current imbalance plays a crucial role of a radiative
antennae. These features have been absent in all conventional periodic systems
considered in earlier simulations as well as theoretical analyses. Our study thus
triggers a re-examination of hitherto prevalent ideas on magnetic field generation
in plasmas and focus attention on the effects of finiteness in physical systems.

7.1.4 Direct coupling of laser to ions

The possibility of ion heating directly with a laser has been another topic of inter-
est. Some of the well-known mechanisms in this regard are the RPA (Radiation
Pressure Acceleration) and TNSA (Target Normal Sheath Acceleration) . We
have demonstrated another mechanism of ion heating by employing external mag-
netic fields. The external magnetic field is chosen so as to constrain the electron
movement and have them tied to the magnetic field. The heavier ions remain un-
magnetized and respond to the laser electric field. The difference of electron and
ion dynamics lead to charge separation and drives ion plasma oscillations, thereby
transferring the laser energy to ions to a great extent directly. A 2-D Particle - In
- Cell (PIC) simulations for an incident laser beam normal to an overdense plasma
target in the presence of an external magnetic field has been carried out. The
external magnetic field has to be chosen such that the heavier ions remain unmag-
netized but the lighter electron species get magnetized at the laser frequency. For
conventional lasers of ∼ 1µm wavelengths, the magnetic field requirement satisfy-
ing the aforementioned condition turns out to be of the order of several hundreds
of kilo Tesla. This requirement goes down by one order if pulsed CO2 lasers with
wavelengths of ∼ 10µm are employed. At present magnetic fields of several kilo
Tesla has already been generated in the laboratory. It is thus only a matter of time
when a factor of 10 enhancement in the magnetic field will bring the parameters
in the right regime for experiments to test the new mechanism put forth here with
pulsed CO2 lasers.
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7.1.5 Direct coupling of laser to ions: Magnetosonic excita-

tions

We continue our studies on direct energy absorption of the laser by ions further
and show that when the laser power is increased in addition to exciting ion plasma
oscillations, the excitation of Korteweg - de Vries (KdV) magnetosonic solitons are
also observed. Keeping this in view, the simulations have been carried out for the
pulsed CO2 laser parameters with intensity I = 7× 1017W/cm2). It is shown that
at a higher intensity of the laser, the ion disturbances acquire higher amplitude
to excite Korteweg - de Vries (KdV) magnetosonic solitons. The solitons, as ex-
pected, propagate stably for several thousands of ion plasma periods. However,
subsequently, they are seen to develop transverse modulations which grow with
time.

7.2 Future scope of these works

This thesis provides many directions for theoretical as well experimental explo-
rations.

7.2.1 Theoretical and Numerical explorations

7.2.1.1 Effect of radiation reaction on beam-plasma system

In the near future many new facilities worldwide are poised to become operational
(e.g ELI, XCELS, SULF, SEL etc.6,55–57 ) to study the on laser-solid interactions
where the intensity and timescale limit would be pushed to even higher limits
namely that of intensities ≥ 1024W/cm2 and attosecond scales respectively. Such
an intense intense laser impinging over an overdense target generates a highly
energetic electrons. Any accelerating charged particle loses its energy through ra-
diation. As a result, a charged particle loses it momenta and slows down. This
effective force on charged particles causing the loss in momenta of the particles
is called "radiation reaction". Generally effect of radiation reaction is negligible,
however, it becomes significant and comparable to in magnitude to the Lorentz
force when γE approaches Ecr where E is the electric field acting on the particle
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with the Lorentz factor γ and Ecr = 1.3×1018V m−1 is the critical field of quantum
electrodynamics. With next generation 10PW laser facilities and in several astro-
physical contexts, it is possible to generate electrons with such an energy that it
may feel the effect of radiation reaction. Therefore, the effect of radiation reaction
on the streaming instabilities like current filamentation/Weibel instability, Kelvin-
Helmholtz instabilities studied in typical typical becomes of prime importance and
needs to be addressed which are planned in our future work. We have also planned
to develop a EMHD type model set of fluid equations for quantum hydrodynamic
plasma also.

In the second nonlinear phase of Weibel instability, the magnetic energy of
the beam-plasma system decreases and an increase in kinetic energy is observed.
This happens because of the magnetic reconnection process which leads to the
generation of electron jets in the plane transverse to the plasma flows. These highly
energetic electrons jets will also feel the effect of radiation reaction which needs
to be addressed. The understanding of Weibel mediated magnetic reconnection
process and generation of energetic electrons jets in the reconnection process are
now a plan for our future work.

7.2.1.2 Role of finite boundary of the beam in a beam-plasma system

The magnetic field generation is an important issue in a variety of contexts. In a
beam plasma system it is typically believed that the Weibel destabilization pro-
cess causes the generation of magnetic fields at the electron skin depth scales.
It has recently been shown, however, that a finite transverse size of the beam
leads to the generation of magnetic field at the long scale length of the beam
(arXiv.org,1704.00970v1 [physics.plasm-ph], 2017). This has been attributed to a
new mechanism for the generation of long scale magnetic field structures in this
context. In a realistic situation the beam in addition to having a finite transverse
extent would also have a finite temporal width. Keeping this in view, we plan to
work in the future where a finite longitudinal extent of the beam has also been
considered.

Some laboratory experiments have now been able to explore the regime of ion
response for the generation of turbulent magnetic fields. In this context, it will be
interesting to extend beam-plasma simulations with ion response and characterize

110



Chapter 7. Conclusion and future scope

the behaviour of turbulence in detail.

7.2.1.3 Lower hybrid type in-situ ion heating

In magnetic confinement fusion, direct heating of ions via lower hybrid resonance
heating is always desirable as it is the ion species (D-T species) which participate
in fusion producing an enormous amount of energy and ion energy confinement
time is generally longer than that of the electrons. It is achieved by launching an
extraordinary mode of an electromagnetic wave at a frequency higher or equal to
the lower hybrid mode of the plasma in the Tokamaks using phased wave guide
array.206 As the wave gets tunnelled from the cut-off region, a part of it get
converted into electrostatic lower hybrid wave which further leads to an in-situ
ion heating near lower hybrid resonance.113–115,206–208 The similar mechanism in
the case of fast ignition scheme of Inertial confinement fusion can be applied to
energise ions directly but have been overlooked till date. As a part of our future
work, we have planned to look for the possibility of lower hybrid type in-situ ion
heating with X-mode pulsed CO2 laser. We are also studying how ion cyclotron
resonance heating can be utilized in fast ignition scheme of laser fusion.

7.2.2 Experimental explorations

The CO2 lasers till now have been considered as efficient industrial lasers in the
market for continuous wave (CW) and relatively long pulse applications.86,177,178

Recently, the short pulse CO2 lasers are now available (BESTIA laser102) but still
they have not been as widely explored in the sub-nano or picoseconds domain. We
demonstrate, with the help of PIC simulations, in this thesis as well as in a series
of papers,174 the immense possibilities that short pulse CO2 lasers offer for physics
explorations. In particular, here we have demonstrated the possibility of directly
coupling of laser energy to the heavier ion species in the presence of an ambient
magnetic field. With the recent advent of several Kilo Tesla magnetic field in the
laboratory, it can be possible to realize the ion acceleration mechanisms proposed
in this thesis in near future.
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